
x  Ä 

I 
/ 

/ 

UNCLASSIFIED 

AD 274 584 
RepAoduced 

luf, ike 

ARMED SERVICES TECHNICAL INFORMATION AGENCT 
ARLINGTON HALL STATION 
ARLINGTON 12, VIRGINIA 

UNCLASSIFIED 

/ 



NOTICE:    When government   or other drawings,   speci- 
fications or other data are used for any purpose 
other than in  connection with a definitely related 
government procurement   operation,   the U.   S. 
Government thereby incurs  no responsibility,   nor any 
obligation whatsoever;  and the  fact that the Govern- 
ment may have  formulated,   furnished,   or in any way 
supplied the  said drawings,   specifications,   or other 
data is not to be regarded by implication or other- 
wise as in any manner licensing the holder or any 
other person or corporation,   or conveying any rights 
or permission to manufacture,   use or sell any 
patented invention that  may in any way be  related 
thereto. 



NASA TND-1260 

i-H 
, I 

.    G 
Z 

< 
< 
Z 

f ■ 

1 
el 

E 
«Si 

v. 

00 
MV^$A 

TECHNICAL   NOTE 

D-1260 

HEAT TRANSFER AND PRESSURE DISTRIBUTION AT A MACH 

S NUMBER OF 6.8 ON BODIES WITH CONICAL FLARES 

—\ AND EXTENSIVE FLOW SEPARATION 

By John V. Becker and Peter F. Korycinski 
CO 

Langley Research Center 
Langley Station,  Hampton, Va. 

-  - 

ä6^ 

T13\A 

NATIONAL  AERONAUTICS AND  SPACE  ADMINISTRATION 

WASHINGTON April 1962 



IM 

NATIONAL AERONAUTICS AND SPACE ADMINISTRATION 

L 
1 
9 
T 
2 

TECHNICAL NOTE D-1260 

HEAT TRANSFER AND PRESSURE DISTRIBUTION AT A MACH 

NUMBER OF 6,8 ON BODIES WITH CONICAL FLARES 

AND EXTENSIVE FLOW SEPARATION1 

By John V. Becker and Peter F. Korycinski 

SUMMARY 

An investigation of heat transfer and pressure distribution on 
flared bodies under laminar, transitional, and turbulent boundary-layer 
conditions was conducted in the Langley 11-inch hypersonic tunnel at a 
Mach number of 6.8.  The results indicated extensive zones of separated 
flow ahead of the flares when the boundary layer was laminar at sepa- 
ration.  The rate of heat transfer in these zones was found to be con- 
siderably less than in attached laminar flow except in regions where 
transition occurred on the separated boundary. 

In the turbulent cases the separated zone was so localized as to 
be undiscernible in schlieren photographs.  Downstream of flow reattach- 
ment on the flare, the Stanton number based on local conditions was 
found to be several times greater for large flare angles than the values 
existing in attached flow on the body ahead of the flare. 

The results are analyzed to determine the adequacy of available 
theoretical methods for predicting heat transfer in cases where the 
transition point and the limits of the separated zone are known. 

INTRODUCTION 

The flared or flapped surfaces contemplated for controlling the drag 
or stability of hypersonic aircraft present a serious heating problem, 
probably second in importance only to that of the body-nose and wing 
leading edge. Basically, the problem is more complex than that of the 
leading edge because of the occurrence of shock—boundary-layer interaction 
with separation. 

A considerable background of theory and experiment has been built up 
for the lower supersonic speed range which establishes the general  

Supersedes recently declassified NACA Research Memorandum L56F22 
by John V. Becker and Peter F. Korycinski, 1956. 



character of this interaction process.  (For example, see refs. 1 to 10.) 
However, the heat transfer in this critical area is largely unknown.  In 
some cases it has been surmised that the heat-transfer rate may be aggra- 
vated by separation while in others it has been postulated that the sepa- 
rated zone might have an insulating effect. Tests which might be con- 
strued to support the former viewpoint are described in reference 11, 
in which the effect of a spike protruding ahead of a spherical nose was 
to increase the heat transfer above the laminar level found in unseparated 
flow without the spike. These results are not completely conclusive, how- 
ever, because of the possibility that the spike may have triggered tran- 
sition. Furthermore, it is probable that the results obtained on the 
bluff body at the end of the separated zone produced by the spike are 
not similar to what would be found on a cylindrical or conical surface. 

Aside from the foregoing questions pertaining to the separated zone, 
the heat transfer in attached flow on a flare or flap cannot be calcu- 
lated theoretically at present because of inadequacies in current theories 
for predicting boundary-layer-profile changes through the phenomena found 
at the body-flare Juncture. Thus, the need for research in this area is 
obvious. The only previous experimental work known to the authors con- 
sists of flight temperature measurements at two stations on a wing flap 
under conditions of fully turbulent (and probably unseparated) flow 
(ref. 12). For the small flap angle of these tests (10°) the Stanton 
number based on local conditions on the flap appeared to be approximately 
the same as on the wing Just ahead of the flap. 

The material presented in the present paper is drawn from a current 
program in the Langley 11-lnch hypersonic tunnel at M = 6.8 which uti- 
lizes a typical ogive cylinder with various conical flared skirts. The 
purpose of this investigation is to establish the character of the inter- 
action and heat-transfer phenomena for conditions of laminar, transi- 
tional, and turbulent boundary layers ahead of the flare. This paper 
presents the results of initial experiments with models having 10° and 
50° flares. 

The tests were conducted by various members of the 11-inch hypersonic 
tunnel staff including Messrs. C. H. McLellan, Mltchel H. Bertram, Davis 
H. Crawford, and David E. Fetterman, Jr. Mr. Crawford also assisted In 
the analysis of the results by applying the method of Stlne and Wanlass 
to obtain the theoretical laminar heat transfer for the ogival nose. 

SYMBOLS 

c        chord of flare 

Cj.       pressure-drag-coefficient increment due to flare, 
D Pressure-drag increment 

(«02/8) PoV 



CD       pressure coefficient,  —i—^—£■ 
-P 

st, 

T 

Po^o2/2 

c        specific heat at constant pressvire 

D diameter of cylindrical part of body 

L overall length of model 

M Mach number 

p pressure 

p' theoretical pressure at reattachment point (two dimensional) 

q        heat transferred per unit area 

R        radius 

R        Reynolds number based on free-stream conditions and body 

diameter,  PoVoD/uo 

RT       Reynolds number based on free-stream conditions and model 

length,  p0V0L/n0 

R        Reynolds number based on free-stream conditions and distance 

to transition point xt, Povoxt/^o 

St       Stanton number based on free-stream conditions, 
«I 

C
P Po

vo(Tr " Tv) r0 
q 

Stanton number based on local conditions,  •■■ —-r- 

T        temperature 

T        recovery temperature 

T        skin temperature 

time 



V velocity 

x axial distance 

s distance along surface of flare 

5 flare deflection angle 

n viscosity 

p density 

Subscripts: 

o free-stream condition (or zero time on fig. 2  only) S 

I local condition 

1 station immediately ahead of separation point on cylinder 
(fig. 5) 

2 station in separated-flow region where "plateau" pressure 
occurs (fig. 5) 

3 station on flare immediately downstream of assumed flow reat- 
tachment point (fig. 5) 

APPARATUS AND METHODS 

The experiments were made in the Langley 11-inch hypersonic tunnel 
which is described in reference 15. The storage heater has been replaced 
by an electric heater and the tunnel now has invar nozzle blocks (see 
ref. 1U) which have largely eliminated the test-section Mach number vari- 
ation with time due to warpage of the nozzle throat. All experiments 
were made at 0° angle of attack and a tunnel stagnation temperature of 
about 1,100° R. Tunnel stagnation pressure was varied from 5-2 to 
U2.9 atmospheres. At the lowest pressure, 5-2 atmospheres, the Mach num- 
ber was 6.52 and it gradually increased to 6.88 at the higher stagnation 
pressures. 

Ogive-cylinder models with 10° and 50° flared tails were used in these 
experiments. The nose was a Von Karman minimum-drag shape of fineness 
ratio 5 with a 10° half-angle cone at the tip. The midbody was a cylinder 
5 diameters long. The flared skirts were about 2 diameters long. Overall 
length of the models was about 18 inches and the diameter of the cylinder 
was 1.5 inches.  Figure 1 shows the model coordinates and the locations 
of the pressure orifices. 



CM 

Separate models were used for pressure and temperature measurements. 
Pressure models were conventional, and pressure measuring and recording 
equipment similar to that of reference 15 was used. The initial tempera- 
ture model (10° flare) was spun from Inconel X.  Its skin thickness 
varied from about 0.030 to 0.050 inch. In computing heat transfer the 
actual local skin thicknesses were used. The temperature model with 
50° flare was machined from mild steel to a uniform skin thickness of 
0.050 ±  0.001 inch. 

The temperature models were equipped with chromel-alumel thermo- 
couples (no. 56 wire) affixed with silver solder to the undersurface 
of the skin. Temperatures were recorded on self-balancing recording 
potentiometers. A maximum of four thermocouples were connected to each 
recorder, and the thermocouple readings were recorded once every 4 sec- 
onds. The locations of the thermocouples are shown in figure 1. 

H Schlieren observations were made of the flow about both pressure 
►V       and temperature models. Photographs of the flow about the model with 

10° flare were made with an exposure of about k  microseconds; the expos- 
ure used for the models with 50° flare was about 1/150 second. 

The method of determining heat-transfer rates was as follows. By 
preliminary stabilization of the electric tunnel-air heater (passing 
air through the heater but not through the nozzle), it was possible to 
approximate a step-function type of air-temperature variation from an 
initial temperature without flow of about 555° R for the model and tunnel 
air to the tunnel stagnation temperature of about 1,100 R. In "£>»« z 
is shown a typical skin-temperature history at a given station. The 
slope of the curve at zero time is determined by extrapolation, a small 
correction to the first few data points being necessary to account for 
the fact that the air-temperature curve is not a true step function. 

This method has two important advantages:  (l) Heat transfer is 
determined for the isothermal skin-temperature case, which is the most 
basic and most easily specified case and the only case for which many 
current theories apply.  (2) No skin-conduction corrections are necessary, 
a fact which greatly facilitates data reduction. 

The accuracy of the method depends to a large extent on the frequency 
with which reliable thermocouple readings are recorded near the beginning 
of the run. With the equipment used, one measurement every U  seconds 
aüoeared to give an overall accuracy adequate for these initial experi- 
ments. An assessment of the accuracy can be obtained by comparing measure- 
nents made on the oglval nose in several test runs (fig. 5). Two runs 
SSe at nearly the same Reynolds number (fig. 5(c)) can also be compared. 
The method can obviously be made more accurate by taking measurements at 
shorter time intervals. 



DISCUSSION 

Flow Characteristics 

At the lower test Reynolds numbers extensive laminar separation 
occurred ahead of the flare, as Illustrated In figure 5 for the 50° flare 

at RT = 1.8 x 10 . For this case the entire cylindrical portion of the 

body and nearly all of the flare were immersed in the separated flow. 
Transition to turbulent flow appeared to start on the outer boundary of 
the separated region at a considerable distance downstream of the sepa- 

ration point. At the highest test Reynolds number,  RL = 8.5 * 10 

(or RD = O.69 x 10 /, transition started ahead of the separation point 

(at x/D = 6.5), and was completed ahead of the body-flare Juncture. The 
flow for this turbulent condition is pictured on the right side of fig- 
ure 5. No separation is visible in this picture, although a small bub- 
ble of separation presumably exists at the flare Juncture since the pres- 
sure rise, /^)/PI ~ 20, is far greater than +hat estimated for turbulent 

separation (/^p/pi ■■ *+, refs. 7 to 10). The critical dependence of these 

separation characteristics on whether the boundary layer was laminar or 
turbulent at separation is consistent with previous findings at lower 
Mach numbers (e.g., ref. 9). 

The manner in which the observed locations of separation and transi- 
tion varied with test Reynolds number is also qualitatively consistent 
with previous work. Also, following previous work, the flow regime will 
be referred to as "laminar" in the range of Reynolds numbers for which 
the boundary layer over the entire separated-flow zone is laminar, "tran- 
sitional" for Reynolds numbers at which transition occurs on the 
separated-flow boundary, and "turbulent" for Reynolds numbers at which 
the transition point is ahead of the separation point. Figure Ma), for 
the 10° flare, shows that the laminar regime prevailed at the lowest 
Reynolds numbers. As the Reynolds number was increased the separation 
point at first moved upstream; this is apparently a characteristic of 
purely laminar separations (ref. 9). The dashed line in figure U(a) 
shows this trend as predicted by reference 9 for lower supersonic speeds. 
As transition moved forward onto the separated zone this trend reversed, 
and finally, with transition ahead of separation, the very small sepa- 
ration distances characteristic of turbulent flow prevailed. The data 
points on the "transition point" curve of figure ^(a) denote the location 
of the start of transition and were obtained from both heat-transfer data 
and schlieren photographs. 

T 



Similar results were obtained for the 50° flare (fig. i+Cb)) with 
• /- 

the principal exception that for RD greater than O.lU X 10 the 

boundary layer remained laminar only to about the 8.5D body station 
in the presence of the large destabilizing separated zone. At lower 
Reynolds numbers the flow regime may be laminar, as indicated by the 
initial forward movement of the separation point. However, because 
heat-transfer data were not obtained In this range and because the air- 
stream density was too low for reliable use of the schlieren photographs, 
the existence of laminar flow was not confirmed. At higher Reynolds 
numbers the location of the start of transition on the boundary (deter- 
mined from schlieren pictures) remained approximately fixed with 

21       increasing test Reynolds number until the separation point had moved 
2>       downstream of transition.  Similar results for a two-dimensional transl- 
J,       tional case are described in reference 9 for M = 2 to U. 

It should be noted that the technique used to locate transition on 
the outer boundary of the separated flow (by inspection of a considerable 
number of schlieren photographs) became increasingly unreliable as the 
Reynolds number (density) was reduced.  It is probable, however, that 
the mean locations shown in figure U(b) are correct to within 1 diameter. 
Where transition was well ahead of separation, the start of transition 
could be detected accurately from the temperature measurements because 
in this case there was no possibility of confusing transition and sepa- 
ration effects. 

It was noticed that the extent of the separated region fluctuated 
rapidly when the transition location on the separated boundary was in 
the vicinity of the separation point. These fluctuations of course 
resulted in corresponding large and rapid variations in the pressures 
on the flared surface. This apparent coupling between the fluctuations 
of the transition point and the extent of the separated region provides 
an obvious reason for the lower transition Reynolds numbers existing in 
the presence of extensive separation. For the model with 50° flare, for 

example, the transition Reynolds number RXt varied from about 1.2 x 10 

in the presence of the longest separated zone to about 4.7 x 10 when 
the transition and separation points coincided.  (See fig. ^(b).) In the 
absence of separation, transition Reynolds numbers varying between 

4.5 X 10^ and 5.1 X 10^ were observed, values in the same range as 
previously found in this wind tunnel on a cylindrical body (ref. 16). 

Heat Transfer 

Method of presentation.- The Stanton number based on free-stream 
conditions is used In presenting the results (fig. 5) because it 



8 

indicates directly the large variations in local heat-transfer rate 
occurring along the length of the body. For the regions of laminar flow 
over the forward part of the body, data obtained at different test pres- 
sures can be correlated through use of the parameter St^jj which is 

used in figure 5.  In regions of turbulent flow, of course, a different 
value of this parameter exists for each test Reynolds number. In 
reducing the experimental data to values of St/Rj^ a laminar recovery 

factor of 0.8U based on free-stream conditions was used for all points, 
except those on the flare itself for cases in which it was known that 
the flare boundary layer was fully turbulent. In these cases a recovery 
factor of 0.90 was used, a value appropriate for turbulent flow under 
the existing tunnel conditions. 

Because of the controlling effect of local pressure on the local £ 
heat-transfer rate, a plot of the pressure distribution along the body        ^ 
is included below each of the heat-transfer diagrams in order to aid in       y 
the interpretation of the results. The theoretical pressure distri- 
bution on the ogive and cylinder was calculated by the method of char- 
acteristics and was used with the method of Stine and Wanlass (ref. Ik) 
to obtain the theoretical values of the laminar heat-transfer coeffi- 
cients. Pressures on the flare were estimated by wedge and cone theory. 
When little or no apparent separation was evident, the flow approximated 
inviscid flow, and the two-dimensional pressure at the flare-body Junc- 
ture desi^iated as "p, - wedge1' and the three-dimensional "cone" pressure 

(see fig. 5(a)) were calculated by starting with the theoretical pressure 
on the cylinder /Cp    was taken as -0.005}.    When separation was pres- 

ent, the theoretical pressure at reattachment p'  was calculated by 

starting with the experimental pressure in the separated region, P2, 

and the deflection angle was taken as the flare angle minus the measured 
separation wedge. The measured separation angles used were 5° for the 
model with 10° flare and 7° for the model with 50° flare. In the heat- 
transfer calculation the wedge pressures were used and were assumed to 
apply over the entire flare chord. 

In using the method of Van Driest (ref. 1?) to calculate the theo- 
retical laminar flat-plate heat-transfer coefficients for the cylinder 
and the flare, it is necessary to account for the difference between 
the reference static temperature of 392° R used by Van Driest and the 
static temperature in the tunnel, which in the case of the 11-inch hyper- 
sonic tunnel is about 110° R. For an insulated flat plate the correction 
factor is 1.22, and this factor was applied to the theoretical values 
with the assumption that it remains constant over the range of wall- 
temperature to static-temperature ratios covered in this investigation. 
For the turbulent case the methods of reference 18 were applied. 
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Laminar case, 10° flare.- Figure 5(a) presents the results obtained 
at a low Reynolds number for which the flow was laminar over the entire 
body.  On the cylindrical part of the body the compressible laminar 
theory (ref. 17) was used with an assumed starting point at x/D ■ I.75, 
which resulted In agreement with the nose calculations at the nose- 
cylinder juncture.  Reasonable agreement between both the heat-transfer 
and pressure data and the theoretical estimates is shown up to the sepa- 
ration point. 

In the separated region it is shown in figure 5(a) that the heat- 
L        transfer rate decreases to roughly 50 percent of the level that would 
1        exist in unseparated flow (solid line). This decrease occurs in spite 

of the increase in pressure caused by the presence of separation; the 
line labeled "laminar - pp" is the approximate heat-transfer level that 

would be expected for unseparated flow on the cylinder at the pressure 
■P2-    Whether this decrease is due to a reduction in recovery factor or 

a reduction in local heat-transfer coefficient (or more probably a reduc- 
tion in both factors) Is not known, since local recovery factor was not 
measured.  It is clear, however, that this purely laminar separation 
results in a marked decrease in heat-transfer rate. 

No satisfactory theoretical method was found for estimating the 
heat-transfer rate on the flare. The flow in the vicinity of the flare- 
cylinder juncture presents an extremely complex problem because the 
velocity profile is subject to large distortions from the occurrence of 
shock interaction, separation, mixing, and reattachment.  For large ratios 
of flare length to body length and for large flare deflections, it might 
be expected that the body boundary-layer effects would be secondary. 
Thus it was assumed that the flare boundary layer started at the point 
of reattachment, as a basis for rough estimates of the flare heat-transfer 
levels for figure 5. In the particular separated case considered in 
figure 5(a) the pressures on the flare were initially much below the 
theoretical values for inviscid flow because of the manner in which the 
boundary layer bridged the juncture. This accounts for the fact that 
the heat-transfer level is far less than estimated for the theoretical 
(inviscid) pressure at reattachment.  Near the trailing edge better 
agreement is evident for both pressure and heat transfer. 

Turbulent case. 10° flare.- Results for a high test Reynolds number 
in which transition was essentially completed ahead of the juncture are 
shown In figure 5(b).  In calculating the theoretical turbulent heat 
transfer on the cylinder for this case the usual assumption was made 
that the momentum in the boundary layer was constant across transition. 
On the flare, the turbulent boundary layer was assumed to start at the 
juncture, and flat-plate values for the theoretical flow conditions just 
aft of the juncture were obtained from reference l8. 
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Atroarentlv under the conditions of figure 5(b) transition required 
aboutTb^ d^?ers of distance before "fully developed" turbulent 
?iow wL Sablished. Because of the action of the rf f/^^f and 
boundary layer the pressure started to rise Just ahead of ^Jl^e^^ 
at the midchord was closer to the wedge pressure than the ^ne Pressure. 
As in the laminar case, the heat-transfer results reflect the charac- 
teristics of the experimental pressure diagram. There was no evidence 
of a "hot spot" in the flare-body Juncture. 

Turbulggt case. 50° flare- These results (fie-^))^e similar 
to those for the turbulent case for the 10° flare (fig. 5(b)) with the 
exception that both the pressures and the heat-transfer 'f ** ^^ 
^ea* values on the flare somewhat in excess of the "^f J**^ 
theoretically by using the wedge pressures. It is thought ^at the 
boSSrv layer including the probable presence of a small bubble of 
semrSloi bridges the Juncture in such a way as to cause a continuous 
^ressSe rise whfch makes possible a higher pressure peak than that of 
the single strong shock visualized in the inviscid theory. 

Transitional case. 50° flare.- Figure 5(d) presents the results 
obtained air'w Reynolds number in which extensive separation waspres- 
fni Ts mentioned previously, this case involved landnar separation 
followed by transition starting about 1.7 diameters ahead of the flare. 
I? wilfflrst S noted that the pressures in the separated flow on the 
flare are ertreLly low. The pressure rises on approaching the reattach- 
r ^ «ndlt was assumed that the theoretical wedge pressure level 

Taf aPt?afn4drithouWghStahrrck of pressure f^l^^^Z^lT 
it impossible to confirm this assumption. Estimates of *eat-t^s"r 
iate^ee surprisingly well with the test results in view of the arbi- 

trary assumptions Involved. 

Perhaps the most significant result for thi\transiti°^i """^ 
+hP rknid increase in heat transfer which starts to occur within the 
lllianof  serrated flow near the location of transition on the outer 
^ ^  S the previously Illustrated case of pure laminar separation 
f?^^;))therePwas no s^ch rise above the estimated heat-transfer 
levl'l  ?or Stachel laminar flow, ^ere is thus a marked "Jfei^in 
the hea?-transfer characteristics of separated-flow *°«%^fS« 0n 

vh^+her tradition occurs. This result suggests the speculation that 
whether tranoltlon °^ *  ^    heat transfer to a spherical nose 

richTarysfr^d by JSSr'^eilaen (ref. 11) ^y have been due to 
the occurrence of transition. 

r^.ai hPRt transfer coefficientsonflare.- In areas on the flare 
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separated cases where only the part of the flare downstream of reattach- 
ment is considered and where the flow Is known to be either laminar or 
turbulent, there Is some hope that a method of prediction of local heat 
transfer can be developed. As pointed out previously, however, even In 
these simpler cases theoretical detemlnatlon of the distortions of the 
velocity profile In the flow at the Juncture presents a complex unsolved 
problem. In these simpler cases the local pressure and other conditions 
outside the boundary layer are predictable, to a first order of approxi- 
mation at least, when the separation and reattachment points are known, 
but the boundary-layer parameters governing the local heat-transfer coef- 

L        flclent are not calculable. 

1 
9 
7 
2 

Previous Investigators have used the following widely different 
arbitrary assumptions In attempts to estimate approximately the local 
heat-transfer coefficient on flared or flapped surfaces: 

(1) Sti    assumed constant across the Juncture 

(2) Momentum of the boundary layer assumed constant across the 
Juncture; no change in velocity profile shape 

(5) Momentum thickness of the boundary layer assumed constant 
across the Juncture; no change in velocity profile shape 

Assumption (l) is shown by the present results to be completely invalid 
except for very small flare angles. Figure 6 Indicates that the peak 
Stanton number based on local (wedge) conditions on the flare is 5.5 times 
the undeflected value for the 30° flare and 1.2 times the undeflected 
value-for the 10° flare. The application of assumptions (2) and {5) 
for the 30° flare produced the two dashed curves shown in figure 5. The 
assumption (2) of constant momentum across the Juncture naturally results 
in a thinner boundary layer and higher heat transfer than the assump- 
tlon (3) of constant momentum thickness. The fact that the experimental 
points fell above case (2) suggested the approximation used in this paper 
(see case (U), fig. 6) in which the boundary layer from the forebody is 
neglected and it is assumed that the flare boundary layer starts at the 
Juncture. This latter method of course results in infinite heat-transfer 
coefficient at the Juncture, but if the first 10 percent of the flare 
chord is neglected, it produces somewhat better agreement than the other 
arbitrary methods. Obviously, this method should provide increasingly 
accurate predictions as the ratio of flare chord to body length increases, 
and as the flare angle Increases. For small flare angles, however, the 
assumption that the body boundary layer can be neglected becomes increas- 
-ingly untenable, obviously being completely invalid at 6 = 0 .  It is 
quite evident that further experimental and analytical work on this 
problem is necessary. 
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Flare Drag 

The variation of extent of separation with Reynolds number obviously 
affects the amount of pressure drag produced by the flare  The large 
magnitude of this effect is shown In figure 7. where the data for both 
configurations are based on the same axial flare lengths (Aic/D -2). 
Se a&t increase in drag for the 30° flare at a Reynolds number of 

about 0.15 x 106 apparently occura when the reattachment point starts 
to move forward from the rear edge of the flare. In the case of the 
l^Iare° within the accuracy of the data, the drag appeared to increase 
continuously after the separation point had started to move rearward 

(cf. figs. 1+ and ?)• 

The use of simple inviscid theory to predict flare drag is obviously      ^ 
unjustifiable in the presence of extensive separation. It will ** ^ 
noticed however, that at the higher Reynolds numbers, where no signifi- 
cant ftaration occurred, the experimental data fell between the theo- 
retical levels calculated by using inviscid wedge and cone pressure 
c^fflcientsfor the flares. The experimental data were in closer agree- 
ment with the wedge pressure levels. 

Relation Between Flare Drag and Flare Heating 

The results previously discussed indicated major changes in both 
flare drag and flare heat transfer with the extent and character of 
separated flow.  If the objective of the flare is to produce drag, it is 
of interest to Inquire whai condition of the .eparated zone will result 
in ^xt^ v^ues'of the ratio of flare drag to average flare heat tran - 
f>r  With the mean Stanton number based on stream conditions St, ix is 
desirabie that S/st be a maxirmm. For unseparated flow this parameter 

would theoretically Increase with flare angle, and for a given flare angle 
U would of course, be theoretically much larger with laminar than 
iith turbulent heat'transfer. Since extensive separation and 1^ drag 
exist ^ the actual laMnar case, however, it remains for experiment to 
determine whether this case has any real advantage. 

In figure 8, the calculated values of CD/^ for both a laminar 

(low Reynolds number) and a turbulent (high Reynolds number) condition 
are presented. Two-dimensional flow was assumed in calculating local 
^on^ttons  The mean Stanton numbers correspond to local Reynolds num- 
llrfJttle  JfchSrd line of the flare (x/D = 11) with the ^undary^ayer 
storting from the body-flare juncture. As for the experimental ^sults 

It Jell Stanton numbL was obtained ^^IfntTof ^/l -if the 
numbers on the flare, assuming a flare axial length of Ax/D - 2J xne 
c^esponding values'of pressure drag were obtained from the faired 
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curves of figure 7-  It is seen that for the 10° flare the experimental 
values of Cjj/St were in agreement with the theoretical estimates both 
in fully laminar flow at the lower Reynolds numbers and in the turbulent 
flow at the higher test Reynolds numbers.  In this case the zone of sepa- 
ration covered only the forward 20 percent of the flare chord at the 
lowest Reynolds number (fig. 5(a))' 

For the 50° flare with laminar separation, nearly the entire chord 
was submerged in separated flow at the lower Reynolds numbers, and the 
high ratio of drag to heat transfer calculated for laminar flow was not 
realized.  In fact, by a considerable margin 'the highest ratio of drag 
to heating is achieved with turbulent flow. The very low values of 
CTJIK    obtained for the 50° flare at the lowest Reynolds numbers are a 

oj ** 
t^        consequence of the low drag resulting from extensive laminar separation 

and the high heat transfer existing in the transitional flow over the 
flare.  If the flow had remained laminar on the separated boundary a 
more favorable value of Cj)/st would have been obtained at the lower 

Reynolds numbers because of reduced heat transfer, while the drag pre- 
sumably would not have been much affected in this case. Calculations 
for this fully laminar separated-flow case indicate, however, that the 
value of Cj^ST would still be only about one-half the value for the 

turbulent or high Reynolds number.  It is thus clear that for this high- 
flare-angle configuration it is advantageous to prevent laminar sepa- 
ration, even if this is accomplished by tripping the boundary layer to 
produce turbulent flow. 

The basic reason for the superiority of the turbulent case lies in 
the fact that only a small fraction of the drag energy of a 50° flare 
appears as flare heating. It is therefore beneficial to achieve t^0 

high attached-flow drag even if this Involves a change from laminar to 
turbulent heat-transfer level on the flare. 

It should be made clear in conclusion that the turbulent-flow case 
will produce more favorable values of Cp/S7 only for configurations 

where the drag suffers a major decrease due to laminar separation, that 
is, only where a major part of the flare area is Immersed in the sepa- 
rated zone in the laminar case. 

CONCLUDING RMABKS 

The flow-separation phenomena observed at M = 6.8 on bodies of 
revolution with conical flared skirts were similar in character to pre. 
viously observed separated flows on flat plates with flaps or wedges 
investigated at lower Mach numbers.  In particular, large zones of 



Ik 

separation existed ahead of the flare In the case of laminar flow, while 
in the turbulent case the separated region was too short to be visible 
in schlieren pictures. The flare pressure distributions and drag were 
accordingly much closer to the theoretical Invlscld-flow values In the 
turbulent case. 

The presence of separated flow appeared to cause a reduction In 
transition Reynolds number in all cases. For the most extensive sepa- 
rated zone (flare angle of 50°) the laminar boundary layer persisted 
along the outer boundary of the separated flow to a Reynolds number of 

about 1.2 x 10 at which transition appeared to start. As the sepa- 
rated zone diminished in length with increasing Reynolds number, the tran- 

sition Reynolds numbers Increased to a maximum of about 5 x 10 in the 
absence of separation. In the transitional case« the flow became increas- 
ingly unsteady as the transition and separation points drew closer 
together with increasing Reynolds number. 

Heat-transfer measurements In a case in which the flow was laminar 
over the entire model indicated that the rate of heat transfer in the 
separated 7.one was roughly half that for attached flow. However, when 
transition occurred on the outer boundary of the separated zone the heat 
transfer to the surface increased rapidly with distance downstream from 
the transition point. There was no evidence of a hot spot In the Junc- 
ture for the case of turbulent separation. On the flare the measured 
Stanton numbers based on local conditions were much larger than for the 
undeflected case - for example, about three times as great for a 
30° flare in turbulent flow. 

In absence of separation the heat-transfer rates over the body 
ahead of the flare could be predicted theoretically with satisfactory 
accuracy when the transition location was known, except in the transition 
region. No adequate theoretical method is available to predict the 
local heat-transfer coefficient.H on the flare. A crude approximation 
suggested by the experimental results, however, can be used for large 
flare angles to establish the order of the local heat-transfer coeffi- 
cients. In this approximation the assumption that the flare boundary 
layer started at the point of flow reattachment produced local Stanton 
numbers of the right order over about 90 percent of the flare chord 
downstream of the reattachment point. Obviously, this approximation is 
not valid for small flare deflections and further analytical work on this 
problem is needed. 

^3 
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For flare angles of the order of 50° it was found that for a given 
drag increment less heat was transferred to the flare in turbulent-flow 
cases than in the cases involving laminar separation. This result was 
a consequence of the much higher drag coefficient achieved in the 
(attached-flow) turbulent cases, which more than offsets the higher 
heat-transfer coefficients in turbulent flow.  It is to be expected 
that this result holds only for the laminar cases in which a major part 
of the flare chord is immersed in the separated zone. 

Langley Aeronautical Laboratory, 
National Advisory Committee for Aeronautics, 

™ Langley Field, Va., June h,  1956. OJ 



16 

REFERENCES 

1. Ackeret, J., Felcton, F., and Rott, N.: ^stlgatlonfl °f Com- 
pression Shocks and Boundary Layers in Gases Moving at High Speed. 

NACA TM 1115, 19^7• 

2 Lees, Lester:  Interaction Between the Laminar Boundary Layer Over a 
Plane Surface and an Incident Oblique Shock Wave. Rep. No. 1>3, 
Princeton Univ., Aero. Eng. Lab., Jan. 2k,   19*9• 

5 Lee J. D.:  The Influence of High Adverse Pressure Gradients on 
Boundary Layers in Supersonic Flow. UTIA Rep. No. 21, Univ. of 
Toronto, Inst. Aerophysics, Oct. 1952. ip 

k.  Gadd, G. E.: A Simple Theory for the ^eractions Between Shock Waves      | 
and Entirely Laminar Boundary Layers. «eP- No-J-M; ^005, 
British N.P.L. (Rep. No. 16,1.16, A.R.C.), Dec. 15, 1955- 

«5 Ritter Alfred, and Kuo, Yung-Hual: Reflection of a Weak Shock Wave 
5'  From a Boundary LayeAlong a Flat Plate.  I - ^eract^ °^ 

Shock Waves With Laminar and Turbulent Boundary Layers Analyzed by 
Momentum - Integral Method. NACA TN 2068, 1955. 

6. Gadd, G. E., and Holder, D. W.: The Interaction jL^.^^f^ 
Wave With the Boundary Layer on a Flat Plate. Part I. Results tor 
M = 2. Rep. No. F.M. 17^, British N.P.L. (Rep. No. lkt8kQ,  A.R.C.), 

Apr. 2U, 1952. 

7. Bogdonoff, S. M., Kepler, C. E., and Sanlorenzo, E.: A Study of 
Shock Wave Turbulent Boundary Layer Interaction at M - 5- Hep. 
No 222 (Contract No. N6-onr-270, Task Order No. 6, Project 
Number NR-O6I-OU9), Dept. Aero. Eng., Princeton Univ., 

July 1955. 

8. Lange, Roy H.:  Present Status of Information Relative ^o the Pre- 
diction of Shock-Induced Boundary-Layer Separation. NACA TN 5065, 

195^. 

o n-AA    r    ¥      Holder D. W.. and Regan, J. D.: An Experimental Investi- 
9- ^gatio; of'the^I^r^ti;; Betweef Shock Waves and Bounty Layers 

iroc. Roy. Soc. (London), ser. A, vol. 226, no. 1155, Nov. 9, 195S 

pp. 227-255. 

^n    Crocco Luigi, and Probstein, Ronald F.: The Peak Pressure Rise 
10- '^croL an'oblique Shock Emerging From a Turbul-t Boundary Layer 

Over a Plane Surface. Rep. 254 (Contract N60onr-270, Task b), 
Princeton Univ., Dept. of Aero. Eng., Mar. 195^- 



IM 
17 

11. Stalder, Jackson R., and Nielsen, Helmer V.:  Heat Transfer From a 
Hemisphere-Cylinder Equipped With Flow-Separation Spikes.  NACA 

TN 528T, 195^ 

12. Chauvln, Leo T.: Aerodynamic Heating of Aircraft Components. 
NACA RM L55L19b, 1956. 

15. McLellan, Charles H., Williams, Thomas W., and Beckwlth, Ivan E.: 
3   investigation of the Flow Through a Single-stage ^"^^^ 

Nozzle in the Langley 11-Inch Hypersonic Tunnel. NACA TN 2225, 

L 1950. 

I Ik    Stine Howard A., and Wanlass, Kent:  Theoretical and Experimental 
? investigation ^f Aerodynamic-Heating and Isothennal Heat-Transfer 

Parameters on a Hemispherical Nose With Laminar Boundary Layer at 
Supersonic Mach Numbers.  NACA TN 35^ 195*- 

15. Crawford, Davis H., and McCauley, William D.:  Inve8ti«ation °f. ^ 
5  lamina; Aerodynakc Heat-Transfer Characteristics of a He^ph*«; 

Cylinder in the langley 11-Inch Hypersonic TunnfTf aMaf Number 
of 6.8. NACA Rep. 1323, 1957-  (Supersedes NACA TN 3706.) 

16. Bertram, Mitchel H.: Exploratory I^igatlon of ^^"^ 
Transition on a Hollow Cylinder at a Mach Number of 6.9. NACA 
Rep. 1313, 1957.  (Supersedes NACA TN 35^6.) 

17. Van Driest, E. R.t Investigation of ^"J*^?^"1*^ 
Compressible Fluids Using the Crocco Method.  NACA TN 2597, J-^- 

IB. Van Driest, E. R.: The Turbulent Boundary Layer With Variable 
Prandtl Number. Rep. No. AL-191^ North American Aviation, Inc., 
Apr. 2, 195^. 



13 

"SS 

5oSc8R8R8R8R8R8y8^8 8fp 

8 
O 

o 
I 

B 

I 

1 
(0 
a 
o 

s 
I 

a> 



19 

cvj <-> 

H 
IU c 
n 
tn 

■ s 
t g 
o 
u t. 
* (U 

Vi 
•■ w 
| s ^ 
H 4J 

o 



20 

5 
ITS 
tc\ 
ON 

1 

o 

73 
1) 

+-> 

g 
03 

c 
a 

<v 
+-> 
cd u 
a 
Q, 
<u 
n 

O 

to 
Ä 

& I 
O 
+-" 
o 
Ä 
a. 

§ 

o 
CO 

i 

KN 

0) I 



21 

LO 

2 

.   - 

 Ijir-.inar -               "" •-^TrHnBitionnl •-La— Turbulent 
J 1 1 r 

 k 

L 
Transition point- 
 -• 1 1 ' ^y 

1 
Trend  fror. 

ref.  9          ,  I 
•* 

^ ^ \. —y 
/ 

( ^ 
^ 

TN / T5 
No. 

7 ^ !TX— / 
IVparatlon point J ^^ 

■^. 
■ -« 

LO 

/   

/ 
/ 

,/ 

.S 
,' 

— 
:. .■\ , M- K .6 .7 r x iov 

RD 

Figure \, 

(a)  10° flare. 

Effect of Reynolds number on n«an positions of the separation 
point and the start of transition. 



22 

Turbulent -\ 

n 
Transitional . \ 

* 
r-S ft* 

I te- 
43 
> 

i 

Separation point-^^ 
\ 
3 ' 

\ / 

\ ai 
/ 

Transition point. A. ^ 
i 
/ 

- —i       — A — V- 
\ i u\ 

V 
\ n  r 

0      .1 ■ ■ .6    .7 x 10° 

v-:. 

(b)  50° flare. 

Figure U.- Concluded. 



25 

CVJ 

ON 

St V/RD 

(a)  10° flare, RD - 0.19 X 10
b. 

Figure 5.- Heat transfer and pressure distribution, 



2k 

st \/R^ 

.12 

.13 

.Ofl 

.06 

.ou 

.02 

.02 

PJ. Wedge 
"tT  

~\ 

o 

\ 

Cone _ 

V ̂
 

Charac erlstl :s theo L o 

■^ 

N 

\ Q 
x——' 

-J— ■  Pi 

transition 
* — 

____—— ' ,       , 
n 2 1» 6 8 10 12 

(b)  10° flare,  RD « 0-70 x 10' 

Figure 5.- Continued. 

,6 



25 

£ 

stsßö 

O 

.< p,.«^-^© 

,\ 

cone. 

o 
■ i 

.2 

f Ch«r«c «rlstl 8 theo yA .1 

t^ L ■ CL. —       ■< A O 
0 o—* w. 

traneltlon 
t 

/^ 

0 2 I. . B LO 12 

x/D 

(c)  50° flare,  RD « O.63 x 10
6. 

Figure 5'- Continued. 



26 

St V^D 

•5 

turbulent 

^ 
— BF C ■V 
V 

\ / 

Stlne i na Uan BBII (oi iie) 
turbu lent  • 

"< ryJ^ 
w ^ ̂   

> s 
■^_/ 

Tanfna^  -  ^? 

^ ̂  *<- (:Uc 

^ ̂ ^ oT 
v'ooo o"!) -■O-     

ro 

.3 

wedge   '1th ac ^aratlor - p« 

p3  - w<(lge 

:x 

(d)     50° flare,    RD « O.lk X Kf 

Figure 5.- Concluded. 



27 

/s >VS% = 0° 

Expe 
R 
rimental Data 

D                          Flare angle 

"5 

D                 0.698 x 10^                    10° 
O                 .629 x 10°                 30 
cr            .639 x iob             30° 

Theoretical  Estimates 
Concept                        Flare angle 

(1) Stz  unaffected by  6 
(2) Constant momentum                         30 
(3) Constant momentum  thickness     30 
(h)     B.L.   starts at juncture             30 

U 

rf 
G G 

• 
^ 

V ^ 
V .   (2) 

^ 
Ö 

Ö Ö 

( / (3) 

~~^-- 
^ 

_G__ 0 Ö Flare 
angle 

30° 

10° 

2 

r ̂  

— - 
Ü 
   . 

n(l) □ D 
[ ] □ □ 

1 

[ 3 

.h .6 

G/C 

.8 1.0 

Figure 6.- Local heat-transfer coefficients on flare. 



28 

''i—r 
. 

5 
        —   —     — -- 

Ü— 

Wedge 

-" ^- y^ 
- Cone 

 1  
.. 

/ 
-K 

/ 
3 

/ 
r 

/ 
2 

/ 

1 

r- 
1 

l>—< 
, l . 0 . 

. . 
0 J— J  

(a)  50° flare. 

CD 
    — —i      1 

- 
od b-11 — a 

 i wedge 
cone 

—e ^D= 

'— T ft 
.1 

8 x 10c 

(b)  10° flare. 

Figure 7.- Variation of flare pressure drag with Reynolds number. 



o 

29 

ON 

to   1) o o o 

© 
-1 

G 

V 
4-" 

^ <u 
O iH 

^ 15 

1 

V J 

\ 

c \ r 
O   rt 

\ 

V • „ 
N v, 

a \ 

^ 
^ ^ V 

^s^ ^ 
V. 

^{ 
t 

X 

CO a) 

o o 
o 
Q 
CJ •x 

o o o o 
OJ 

O     • 
-P   U 

0,1 
bOX- 
CO    C 
JL,     3 
T)    C 

(U  ca 

§3 
ta   o 
w   C 
0)   R 
^   0) 
(XK 

0) Ä 

a Ss 
K H   > 

<« 
+> 

<«   C 
O   (U 

•H 
o  o 
•H   -H 
-P   1« 

U   0) 
o 

JS ü 
■p tl 

0 
<«  HH 
O   u] 

ß 
a  a) 
O   5H 
•H   -P 
+>   i 
oJ p 

•H   a5 
U   V a ä 
> 

CO 

to 
o o 

NASA-Langley,  1962 L-19T2 



O  -i- 

c ^^ 10 a « * s 
i3._-QJ Hoi 

ti
al
 N

A
SA

 
\e

ro
d

y
n

am
 

sp
ac

e 
ve

h 
F

lu
id
 m

ec
 

ec
ke

 
or

yc
 

A
SA

 
A

C
A

 

m u: 2 v. 
-3    ~ 73      . 

^aSfc £     .CO 

H J 
< < 
»a ■ 
o £   . - 

, £ p S t 
g C U O   a. 
r ffl as H ^ 
2 S H < 
^ B:" -" K  - 
« H 5 <• j: 

s s a a | 
I w 5 « •- 

S.uS 
en K 

a; S « 

0 « 

"3 

5 « £ 

^1 o 

« ^ fc * * 
S a« OS i" 5 

-   o OT S Q Ji 
c 3 < ? < Ä 
r — 1- x « 

t" r < S i £ < « w —' c 
Z Z K < !*• ►» 

in 
r-   1 

dQ 
EH 

ii 
u •, ^ 

= J 

CM H K 

.< < 
to <: < 

2 iii'. 

a> 

■s S p. 
C-    —   u 

•-SI 
I-5 
2-5 c 

c   o  ^ 
S y ^ 

T   "K 
„ T3     . 

a> oi £  >»ä 

ill is« 

c  & 

^ _. o *- w ^ 

ape ä 

.   o 

!>?: = 
■c < t: M — 

Ö IK o 

„-at-«   co 

c      * 

91 
OJ 

> a 

OJ   o < < 
PO M 2 K 

a 5 

a < 
a;  «1 U. 

„■dH£  e, 

<< 
za 
o ^   ■ 

s a n H 
22^ 

M Tt  f   *> 
9 w 

-D S « S - 
t.    «     *     =   w 

«H S < 3        § 
C -- « "< 
- Q U U 

< K o S 

sia3 
in K oo U 

J < O u 

O   3 rj UJ •"• 

-   O W S Q 
1  u is ^D y 

5 _ g a w 

m 3 < S 1 
Z Z SB < l»< 

t-   1 
u; da 

a*    - H 
^ So 
o. ■- ü 

0) u c a; 
B 5; 
2 rt ■ 

u ■ 
c o 

X 

-   -: 
1   fc 

M   HI   9 "^   SB   A 

1-  c 

S —'S o   =   c 
■c  a, .c 

£ 'S 

N 

übafc. 
a <~> ^ a> 

t    =2 
£2 ÖTW S 
.«Has 

>  .<< 
= CM 52 U £ (D < < 

N,  »l S- Z 

■— o — 
„  -^  T3 

T. <*> il -z 

o o •- 
I: n — 

II? 

"  o  g 
. c c: J= 

— o _  n — 

S ■ S "o 'S 
■o S x « = 

- -S * S r 
T; < *-  s  — 

0 fa- c r 

1 
V

er
n 

P
et

er
 

12
60

 
56

F
22

 

5 

x 
X 
u 

x 0) = 
S-fQJ u u £ 

C.SH« 
< 

c 
4) 

ec
ke

 
or

yc
 

A
SA

 
A

C
A

 

c 
0) 
u 
ed 

PO M Z Z to a. ** < .„ 

^dH&   a. 

O Z    • - 

2 CQ B 

- Q U 

•a WQ 
< K o 
n  ^ 10 

3.WO 
1/2 ? ao 

CM    G  U-.   ^j 
^    O  Cß   S 

1     ^ 2  t3 

<   o H < 
CO 13 ^ S 

z z S < 

< 

2 I 
S5 

9 
CO 

■X1 

s g 

■2 a > 

cd 

_: 5 ft o 
2 Si * >> 

o  u) c aj 
—    b* ^ T3 

' S 2 u « 
8 y ü « 
ir «2 « 5 v c 

o u. 

Of  O  CM 

4)  CM 
. n. — ir. 

•^ -^ -^ 5 
CSH« 

Oi   o < < 
oa !<: z is 

/. 
..   01 
c — 
2 « 

|l..2 

^ « ^ P CO  c  ^   c 

Z 'S S H 
— £ "* 2 

= < T5 
■ -2 ->     5   -co 

fa< uio' Q 
w .-^ w 
^ «j -f-' 
co oi J; o 
za, .r z 
fa] 

.-. 
T. 

C 
O 0 

■n a 
0 0 A 

U   G 
-z 

:   - 

1  Q-J ^ 

,0^,(0 
:      E 1" 
J   . F. J 

«aTfaa S 
" H OS 

>    . < < 
c CM en U 

-^,2 

U    QJ    n3 

- a § € s 

w £ ä 'S .a c c; S <" - 
j u S t, >" 
*-* r-    tß     t-     O 
01 = ^  2   oi 
j= ^, c c: ^ 
— O ^   rt *- 

C X    g "O    c 

■a £ 'S « c 
o ^ ai 

< < 
O Z    . - . r o z B 

= g OO =• 
■ - m x H ^ 
22tg • 
"feS<5 
S ^ en a S 

a * 

•2 3 >, 

co z 
1 Sr co 
1 &  ■ 

fa- bJ d Q 

äs «-E 
M  01  u O 

S a.' 
—1 w ai 
01 O in 
C 01 
C t- 01 

2 " £ 
u £ S 
3 0 Z 

fc " « 01 c 

ui ■„ o 
C   aj — 

? - 

at 

3 « OS H 9 

S SSgw S 
rt   O CO  S Q  ^ 

« — C K to 
H   M ^ u W 

I ^ < 5 

u 2 
^  c  c  7 o. w  D _o; ^H "O    . 
—«     rn     "-l    lH m     _ 

— T3 
C C 
01 -C 

S oi 

äs^ss  <5i^< 
c  u 
O   QJ 
SI   Q, 

to "S < S < 

z z S < (»< 

co < Sj 

oi  £U 
« oTld s 

.CM H K 

>    . < < 
CCMCgCJ 

S a* « 3 o S' 
V 

0)   $ 

-C  CD  ' 

<£i-D<5S5. 



o u* 
£   U CM 

x u: ^. ^ 

..   01 e s 
2 3 
Is..« 
u     . u>   - 
—   .*  a*  c 

.■s «I p «J  c  ■•  c 
SÄ«"«) 
— 2 " 2 2 oi «SI 
1 -ie* 

■3 

r en XH 
^ s H < 

|SBS 
- a uu 

- 

2Q 

ip- 
e ** (O M 

- —     vi 
« ^ fc;'- » < O Ul 

- " ^ ^ -^ 
— o in S 2 

^ — £ x »> 
H  « f" o W 

z  •. s •< u. -, 

5 ^ §    » S 
|2S   .||'8 

S w " 2 ^ - ä 

i S S- = 2 w " 
.T 2- 8 iJ •; o, 

= u s » - 

- 3 o. _ 'S   - E 

Sf x g - "5 „ <i - 

t S 

1 "• I S 2 r 

"'S.*!* 

£ 

-aSti 

li..; 

«3 3 > B 

O  i«   3 
2 t JC 

lila' 

<< 

epE 
-Hi 

Hi 
r B x 

§ 3«^ 

sill 
< its 2 52s 

t. 

% 

5 
< 

a. S     r. 
ul r 

Ul u*»|1l 

55 

<x£ws 

x*   •5< 

u. ^ 2 6 /. 

c u. 
£   U M 
7   0) O CM 
4. r <o u. 

I JO3 

"1*2 
.- •' 

^3° 

.. b 
c — 
B « 
— •    — 

u     . «   - 
««»«'S 

-SSE 

-dSfc 

9   <•   3 «   3 
2   ^   «Ü* 
I* Ho 
SCM  n CM 

a 

-aSS 

< 
y'. 

c 

§i 

- in 

H < S 

- 
y 

uo 3   ^ 
xP "^    S 
^- oi    •       o* 5ii I «I o. S    en 
Ul w - 
s <« S Q -^ C    o 

- t 
T    - c "^ 
- u o      M.!: 
•> <« S       c S w. 
^ — Ul —• •- o* 
^  E  i  P 0/       o 
u  «  *  P X S S 
3 >. <« 2 " £ 2. 

1 = C fc " " £ 
■■ ". u c 

-I a] n 
a i. 

Mi 

^1 ^ 
c-    i 
sQ 

/, B jj u"' W 
Tl > K -H 
^3 Q •n w «5 

V, U. v. r_ e^ 
i: ü w ■c a j 

o 
CM 

3 u 
u. 

SS 
SO 

- 
to 
■<■■ 

03 < 

Si 
X 

CM u. 
ir. 

1 
c 0> < < 

B 
H 
H < 

u 
n ? 

H 
< 
■t < 

c 
u 
< 
S 

•/I 
u 
X 
3 

> 
Jp 

< 
(D   < 

X 
< 
u < 

S. '^ X T u. 

= -S ?•£ M ^ o   =   >■ -  l-  c o. £ § £ 5 — n    . 

—; 0/  c  C 1 2 ^ S £ 

■n   h 
5 9j 
h c P T K 

rtUi3'-'fio'Sp 

•*  »■ U   0) 

5 ss .» £ •. a * 
— o 

o   %, 

^  SQ 
« 

^ 
o c  m ^ T:  ^ S c s — « ^ . x ra c 

.'01   a;  '^ ■S   o  S S -s 

<< 

^ XXH 
<• a H < ^ B: ? x «HS < 
:• £ r, £ 

J < O ui 
O    3 S W >< 
S Su!§^ 
w o to ?. n 

^ — t- X ^ 
H   <« e u Ul 

M .3 < «g ^ 

55 z X < - 

o 

$*& 
u. => Q '^ 

Of     -(- 
«So 
■o a j Ä 

ufcHu. 
4, U ^ «, a     g m 

Xo» Ul S 
.«Hg 

>    < < 

|2£z 

' ..' - 
T>   5   « 

Us - . r • > 
S.g5 
■Sri: ill 
«; t> § 
2 >- S 
"•S _ 
i: c c 

3 i: «  « 3 
0/   to & 

°^ C -Ü   C 
r.   i-    " 

Sc a 

- 

c ° t. • 
8 a ± •• - " v - 
!*£« >•- ^ p 

si 
o. £ 
p i 

«So 
w 

5 " £ 
J.*   - 

^•^ - ■« — »; = n — n 

= !. S ^ — « ?■ I.   01 i  aj  0* u -J JS   (0   i.   5 
4, — _ 01 Oi 
f » O X JC 
—   O  —   «   — 
5 ir. P T3  e 

S S  c o 

ä - «; <u - 
= to 

i 

3 
2 

8 o 


