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INTERACTION OF HYPERSONIC VEHICLES WITH LIQUID HYDROMETEORS

1. INTRODUCTION
1.1 Background
1.1.1 Clouds and Hydrometeors

About 99% of the water content in the atmosphere is contained within its lowest layer which extends
from the surface to an altitude of about 8 km above the poles and approximately 18 km over the equator. [1]
Condensation of water vapor in this layer known as the troposphere creates clouds which cover the planet
and play a key role in atmospheric weather. Satellite imaging of clouds over the years has demonstrated that
the global cloud fraction is approximately 55% over land and around 72% over the ocean with some seasonal
variation. [2]. Figure 1 displays the mean spatial distribution of cloud fraction over the planet during 2019
derived from satellite observations. [3]

Fig. 1—Yearly mean cloud fraction generated from measurements recorded by the Moderate Resolution
Imaging Spectroradiometer onboard Aqua satellite during 2019. Cloud fraction is defined as the portion
of each pixel that is covered by clouds. Colors range from dark (no clouds, cloud fraction of 0) to white
(totally cloudy, cloud fraction of 1).

Condensed water particles in clouds are known as hydrometeors and exist in liquid, solid, or mixed phase. [1,
4] The distribution of hydrometeors within a cloud is a function of altitude, with liquid particles exclusively

Manuscript approved February 28, 2023..
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existing between the surface and 4.5 km, a mixture of liquid, solid, and two-phase particles appearing in a
transition region between 4.5 - 7 km, and nearly only solid particles surviving at altitudes between 7 - 18
km.[5, 6]

Hydrometeors can be further classified as cloud or precipitating particles depending on their size and motion
behavior. Cloud particles are relatively small and are constantly suspended by updrafts in the atmosphere.
Precipitating particles on the other hand are much larger and cannot be supported by updrafts so they fall to
the ground. [4] Examples of cloud particles include cloud droplets, which have a characteristic diameter of
about 20 microns, and ice crystals which tend to be tens of microns to a few hundred microns. [4] Raindrops,
snowflakes, graupel, and hail are all examples of precipitating particles and range in size from a few hundred
microns to a few centimeters. [4]

1.1.2 Formation of Hydrometeors

When warm and unsaturated moist air rises to regions of lower pressure in the atmosphere, it expands
adiabatically and cools down. In this process, damp air becomes saturated initially but if the ascent is
continued to sufficient altitudes, supersaturation'occurs and water vapor condensation takes place. [7, 8]
Condensation proceeds through a process known as nucleation in which molecules aggregate to form clus-
ters. [9] Nucleation is heterogeneous when the agglomeration of molecules occurs onto an existing surface
or impurity and homogeneous when the grouping only involves gas molecules. [9, 10]

Condensation of water in the atmosphere happens exclusively through heterogeneous nucleation and occurs
onto aerosol particles such as clay, sea salt, sulfate, and organic matter. [7, 9, 11] These particles are known
as cloud condensation nuclei and exist in varying number concentrations from 2,000-5,000 per cubic meter
and have diameters between 0.02 - 0.2 microns. [7, 9] Small cloud droplets are therefore born around small
impurities in the atmosphere and upon birth have a characteristic diameter of approximately 20 microns. [12]

After their initial formation, cloud droplets may increase in size and become raindrops through coagulation
and/or gas-to-particle conversion processes. [9] Coagulation involves more than one particle and occurs
when droplets collide and coalesce to form larger particles. One example of a gas-to-particle conversion
process that results in droplet growth is water vapor diffusing to its surface and condensing. [9] From the
initial condensation nucleus all the way to the formation of a raindrop, droplet size and terminal velocity
increase considerably as shown in Table 1. [12]

Table 1—Typical sizes and terminal velocities of liquid particles in clouds. [12]

Particle Diameter, (tm Terminal Velocity, m/s
Typical Condensation Nucleus 0.2 0.000001

Typical Cloud Drop 20 0.01

Cloud Drop/Raindrop Conventional Borderline 100 0.27

Typical Raindrop 2000 6.50

Ice particle generation in the atmosphere requires air to be saturated and can occur through homogenous
or heterogenous nucleation depending on temperature. [ 10, 13] Homogenous nucleation of ice particles will

I'Supersaturation is defined as the ratio of actual vapor pressure to the equilibrium saturation value corresponding to the local
temperature.
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occur in the atmosphere at temperatures below —35°C. Heterogenous nucleation takes place at warmer
temperatures up to 0°C but requires the assistance of insoluble aerosols such as biological particles, minerals,
and soot. [12, 13] These aerosols known as “ice nuclei”’, have a molecular spacing and crystallographic
arrangement similar to the hexagonal structure of ice which facilitates the ice phase initiation in water. [8, 12]
Once initial ice particles have formed through nucleation, they can grow to become crystals, snowflakes, and
other forms of solid precipitation through different mechanisms described elsewhere. [8, 14]

1.1.3 Hydrometeor Size Distributions

Cloud drops are essentially spherical but raindrops have shapes ranging from oblate to asymmetric
spheroids. [15] This is a natural consequence of cloud drops being gently suspended by atmospheric up-
drafts and raindrops experiencing significant aerodynamic forces as they accelerate towards the ground.
Despite having different shapes, the main parameter used by researchers to characterize cloud drop and
raindrop size is droplet diameter.

The typically accepted size demarcation between cloud drops and raindrops is 0.1 mm, with raindrops having
diameters larger than that benchmark value. [6, 16] Raindrop measurements have shown these hydrometors
can reach diameters up to 5 mm but larger sizes are not observed because they are torn apart prior to reaching
the ground. [6, 16]

Within that 0.1 - 5 mm diameter range, raindrop size distributions have been extensively characterized by
researchers using meteorological data and mathematical models. [6, 17-20] Among those, Tattelman and
Willis developed and validated a model for droplet size distributions applicable up to 20 km in the atmo-
sphere based on high-intensity rainfall measurements obtained during aircraft research of Atlantic hurricanes
and tropical storms. [6] The basis of their model was the gamma distribution function shown in Eq. (1) where
D is the droplet diameter, Ny is the concentration parameter, ¢ is the curvature parameter, and A is the slope
parameter. [20] Expressions for these parameters are provided in Eq.(2-4) below and were established by
Tattelman and Willis by fitting a normalized distribution which included the entire data set collected at four
flight altitudes (150, 450, 1500, and 3000 m). As shown in Eq.(2) and Eq.( 4), the concentration and slope
parameters are a function of the median volume diameter Dy which is obtained for a given liquid water
content M (g/ m?) as shown in Eq.(5). If the liquid water content at a certain altitude is known, Eq.(1) can
be used to predict the corresponding droplet size distribution at that altitude.

N(D) = Ny D" exp (—AD) 0 <D < Dy (1)
512.85M -1076 / 1 \*'6
No=——7—"\|+ )
D}, Do

=216 3)
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A=5.588/Dop 4)

Do = 0.1571 M- 1681 (5)

Strict guidelines on climatic information are provided in the MIL-STD-210C standard to determine design
and test requirements for military systems and equipment that must operate at altitude. [S] Specifically, this
standard establishes that military equipment must be designed to operate at all rainfall conditions aside
from extreme conditions occurring less than 0.5% of the time. [5] The highest rainfall rate observed at this
reference frequency is reported by the military standard to be 0.6 mm/min based on surface measurements
recorded in northeast Brazil and east India. [5]

Research on vertical radar reflectivity with altitude has shown that when high precipitation rates reach the
ground, rainfall rate and precipitation water content are reasonably constant from the surface up to about 6
km and decrease above that altitude. [21, 22] For the extreme surface rainfall rate of 0.6 mm/min occurring
0.5% of the time, the corresponding precipitation water content is 1.6 gm/m?>. [5] Using this reference value
to define the liquid water content M in Eq.(5), the correlation developed by Tattelman and Willis presented
above can be used to determine a relevant and characteristic droplet size distribution a military vehicle may
encounter in the lower troposphere.

10° T T T T
0-6km
------ 8 km
8 26.4

&
g g
5 o
5 = =
2 2
= =
« -
0-6 0-19.7

1 n" 1 1 1 1 1 1 1 1 1

0 1 2 3 4 5 0 10 20 30 40 50 60 70 80 90 100
Droplet Diameter, mm Percent of Droplets, %

Fig. 2—Droplet size distributions predicted using correlation by Tattelman and Willis for altitudes
between O - 8 km (left), percentile statistics for predicted droplet size distributions (right).

Figure 2 displays the droplet size distributions predicted with Eq.(1) for altitudes between O - 8 km. This
altitude range was carefully selected based on the available data to avoid higher altitudes where the atmo-
spheric temperature drops below —10°C and any condensation transitions to ice exclusively. Note also that
the results presented in this figure are provided in number of droplets Np per m?> per mm size.
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As expected, the droplet size distributions obtained at altitudes between O - 6 km in Figure 2 are identical
because the precipitation water content remains constant in that altitude range. At a slightly higher altitude
of 8 km, the droplet size distribution obtained is qualitatively very similar to the results obtained for the O - 6
km range but shows a slight decrease in the droplet population for every droplet size as a result of a modest
decrease in precipitation water content. Both distributions presented in Figure 2 however peak at around the
same droplet size (0.5 - 1 mm). Finally, note that the smallest raindrop size in these distributions is 0.1 mm
because the model by Tattelman and Willis is only applicable for raindrops larger than that threshold value
and any droplets smaller than that value are non-precipitating cloud drops.

Additional insight from the droplet size distributions can be obtained by visualizing the results in terms of
percentiles. The bar chart in Figure 2 provides this information and shows how for altitudes between O -
6 km, droplets with sizes between 0.1 - 0.5 mm comprise 22% of the total droplet population. Similarly,
62% of the droplet population has diameters between 0.1 - 1.0 mm and 95% has diameters between 0.1 - 2.0
mm. The percentile results obtained for the droplet size distribution at 8 km altitude shows a very similar
behavior.

1.2 Motivation
1.2.1 Hypersonic Glide Vehicle Trajectories

Transatmospheric boost-glide weapons are rocket-propelled to orbital and suborbital altitudes and then
glide at hypersonic speeds through the atmosphere to impact a ground target. [23] A representative boost-
glide trajectory calculated using HOTSHOT?*for a 500 kg blunted cone launched from the ground using a
two-stage booster is shown in Figure 3 below. [24]
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Fig. 3—Altitude and flight Mach number versus range for an exemplar boost-glide vehicle trajectory
(left), close up view of hypersonic vehicle terminal dive through troposphere (right). Red star indicates
start of terminal dive.

ZHigh-Order Thermal Simulation for Hypersonics with Optimization of Trajectories (HOTSHOT) is a boost-glide trajectory
simulation tool with full 3-D transient thermal analysis capability developed at the U.S. Naval Research Laboratory.
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The first phase of the sample boost-glide trajectory illustrated in Figure 3 is a relatively short rocket-
propelled stage which ends with booster burnout and blunted cone (payload) separation at an altitude of
approximately 40 km. After this initial flight segment, the blunted cone enters a ballistic phase with a Mach
15 apogee at an altitude of approximately 90 km followed by a Mach 12 perigee at about 20 km. At this
point, the vehicle performs a pull-up maneuver to enter into a glide phase at an altitude of about 33 km and
Mach 10.5. The final flight phase is a terminal dive which begins very close to its target at an altitude of 20
km and Mach 5. As shown in the close up view of the trajectory in Figure 3, in this final flight segment the
vehicle enters the troposphere and decelerates sharply before impacting its ground target at approximately
Mach 3.5. Based on this notional BGV flight trajectory, note how atmospheric weather encounters with
liquid hydrometeors would therefore occur at flight Mach numbers in the 3.5 - 5 range at altitudes between
0-7km.

1.2.2  Weather Encounters of Hypersonic Glide Vehicles

A large number of scientific and engineering efforts have sought to develop thermal protection tech-
nologies for hypersonic vehicle surfaces which are subject to extreme aerothermal heating during flight>.
However, the vast majority of those studies have been conducted under “ideal” weather conditions, i.e.
without considering the interaction of these surfaces and materials with atmospheric water particles found
specifically in clouds.

For a boost-glide hypersonic vehicle entering into the lower atmosphere prior to reaching its target, hydrom-
eteor encounters are a realistic mission threat because they can lead to undesirable vehicle surface erosion
with detrimental consequences ranging from reduced flight control to catastrophic failure. Although it is
safe to assume the likelihood of mission failure is high when collisions occur with large hydrometeors such
as snowflakes, graupel or hail, a more thorough analysis is required to evaluate the risk associated with
encounters involving smaller particles such as cloud droplets, raindrops, and ice crystals.

The main motivation of this work is therefore to improve our understanding of the fundamental physics
of droplet/shock layer interactions as shown in Figure 4. Liquid hydrometeors undergo deformation, mass
stripping, evaporation, and possibly shattering as they transit through this layer prior to reaching the vehicle
surface. [25] Understanding and characterizing these events is important because they will ultimately affect
key impact parameters such as hydrometer final mass, velocity, and shape. All of these are critical to
predicting the level of erosion a vehicle surface may suffer and additional knowledge about them will aid the
design of more robust hypersonic vehicles capable of being deployed in a wider range of weather conditions.

3The most recent Department of Defense effort on this front is the ongoing Materials Architecture and Characterization for
Hypersonics (MACH) program by the Defense Advanced Research Projects Agency (DARPA).
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Fig. 4—Schematic of atmospheric droplets interacting with bow shock of a hypersonic vehicle along the
stagnation line and below it.

1.3 Technical Objective and Approach

The overall objective of this work was to investigate the interaction of liquid-phase hydrometeors found
in clouds with a hypersonic vehicle flow field to help predict surface erosion and extrapolate possible aero-
dynamic performance degradation. For this purpose, the technical approach undertaken is summarized as
follows:

* Provide an assessment as to current state-of-the-art in the modeling of hydrometeor-induced erosion,

Identify best practices for characterizing the interaction of droplets with curved shock waves,

* Generate a data set of relevant water droplet trajectories and demise in supersonic and hypersonic
flows generated in a laboratory environment,

* Demonstrate the ability of high-resolution numerical simulations to reproduce droplet demise in a
hypersonic environment.

These issues will be discussed in greater detail throughout the remainder of this report.
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2. THEORY AND PREVIOUS WORK

Prior to impacting the surface of a hypersonic vehicle, liquid hydrometeors interact with a shock layer
and are subject to deformation and breakup. A discussion of vehicle surface erosion due to atmospheric
weather encounters must therefore begin by analyzing that complex droplet/shock layer interaction. This
chapter starts with a brief summary of droplet breakup theory, provides an overview of previous experimental
efforts on droplet interactions with planar and non-planar shocks, and concludes with a section on physics
of droplet-induced erosion.

2.1 Droplet Aerobreakup

2.1.1 Weber Number

Liquid droplet deformation and shattering due to the sudden exposure to a high speed gas flow is known
as “aerobreakup” and has been thoroughly investigated in the literature. [26—31] Most of the experimental
work in this field has been performed using shock tubes which generate a moving normal shock and allow
for the assumption of one-dimensional flow. In that facility, after being traversed by a planar shock, an
initially stationary droplet experiences a large aerodynamic force due to the high dynamic pressure of the
post-shock flow. [32] The Weber number is a nondimensional parameter useful to quantify the magnitude of
that aerodynamic force relative to the tension force keeping the droplet together and is given by

p2(Us — U, 0)*Dy
c

We =

(6)

where

02 is the gas density behind the shock
U,  is the gas flow velocity behind the shock
Ugo 1is the initial droplet velocity before being traversed by the shock

)

Dy  is the initial droplet diameter before being traversed by the shock

c is the surface tension of the droplet evaluated at conditions upstream of the shock.

For a water droplet in a flowfield where the Weber number is larger than one but less than a critical value,
the droplet will deform as a result of the aerodynamic force exerted by the flow but will not break. [33]
Experimental research of droplets exposed to high velocity gas flows has shown that the critical Weber
number for droplet breakup is governed by the Ohnesorge number which relates droplet viscous forces to
inertial and surface tension forces as shown in Eq. (7). [29]

Ha

On = 53D6

(N

Here, p, is the dynamic viscosity of the droplet, p; is the droplet density, and D is the droplet diameter.
The critical Weber number We, has been found to correlate well with the Ohnesorge number through Eq.(8)
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below. [34] Water droplets with diameters between 0.1 and 2 mm have Ohnesorge numbers between 0.0027
and 0.0118 and corresponding critical Weber numbers between 12.001 and 12.011.

Wee =12 (1+1.077-0n"°) (8)

At Weber numbers larger than this critical value, five distinct droplet breakup modes have been identified
experimentally for water. Figure 5 summarizes these modes and includes the Weber number range typically
associated with each of them. [29, 33]

Fig. 5—Breakup modes of water droplets observed experimentally.[29, 33] Schematics from
Bergeles. [35]

2.1.2 Interfacial Instabilities

There are two main interfacial instabilities involved in droplet aerobreakup: Rayleigh-Taylor (RT)*and
Kelvin-Helmholtz (KH)’instability. [31] The interface between the forward stagnation point of a droplet or
equator and the high speed air is susceptible to RT instability, while the KH instability plays a more dominant
role away from the stagnation point and closer to the droplet poles. Droplet breakup modes in Figure 5 are
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governed by those instabilities and can be divided into two main regimes based on whether gas flow goes
through the droplet or around the droplet. [31] Breakup modes where droplet flattening occurs followed
by unstable wave penetration belong to the Rayleigh-Taylor Piercing (RTP) regime while modes involving
droplet surface peeling or shedding are associated with the Shear-Induced Entrainment (SIE) regime. [31]
Various analytical droplet breakup models have been formulated in the literature based on RT and KH
instabilities. [36]

2.2 Interaction of Droplets with Vehicle Shock Layers

Droplet encounters with a hypersonic vehicle can occur at the nose, along a planform surface, or an
afterbody leading edge. Droplet interactions can therefore occur with a planar shock at the stagnation
region of the nosetip or a non-planar shock everywhere else. Due to the non-uniform shock layer flowfield
surrounding the vehicle, the range of Weber numbers of interest is large. Factor in different droplet sizes
and that range becomes even broader.

To illustrate this point consider an analysis similar to the one performed by Reinecke el al. where droplets
with diameters of 0.1 and 2.0 mm interact with the hypersonic shock layer of a blunt cone at the nose and
afterbody regions. [33] Assuming this vehicle is flying at Mach 4 at an altitude of 5.39 km and the cone half-
angle is 5°, the corresponding Weber numbers for each droplet at each shock layer region are summarized
in Table 2.

Table 2—Sample Weber numbers for droplets interacting with hypersonic vehicle shock layers.

Nose Shock Layer Afterbody Shock Layer
Droplet Normal Shock Mach Number Weber Equival. Normal Shock Mach Number ~Weber
Size Number Number
0.1 4.00 4,235 1.03 0.3
2.0 4.00 84,702 1.03 6

From the above, notice the large Weber number difference between droplets interacting with the shock layer
in the nose and the afterbody region of the cone. More importantly, note how this range of Weber number
encompasses values both below and well above the critical Weber number for droplet breakup (We,. ~ 12).

Research on droplet interactions with vehicle shock layers has therefore considered a large range of Weber
numbers and interactions with both planar and non-planar shocks. The following sections highlight some of
the experimental work performed in those areas.

2.2.1 Interactions with Planar Shocks

Multiple research efforts have experimentally investigated droplet breakup behind normal shocks for a
range of Weber numbers and shock Mach numbers. [26, 27, 30, 33, 37, 38] Most of those studies however

SInterfacial instability found when a light or less dense fluid is accelerated into a heavy or denser fluid. [31]
®Interfacial instability in parallel flows with different densities and velocities. [31]
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have been fundamental in nature and have focused on characterizing droplet breakup modes using the Weber
number as a main parameter. Less work has been performed on droplet interactions with normal shocks from
the perspective of weather encounters with the stagnation region of a hypersonic vehicle.

The Weber number is a useful tool to make an assessment of droplet breakup downstream of a shocked
flowfield, but it does not provide any temporal information about the demise process which is key to the
problem of weather encounters in hypersonics. The droplet break-up sequence in Figure 6 from the work
by Joseph et al. illustrates this point. Based on the Weber number modes summarized in Figure 5, for the
given Weber number of 43,330 in the experiments, wave crest stripping is predicted and is indeed observed
in the visualizations, but the expected full breakup (defined as absolute loss of droplet coherence) has not
occurred after 190 s of test time.

In the context of a droplet penetrating a shock layer of a hypersonic vehicle, knowing how much progress
into the breakup process occurs prior to impact is critical to study the physics of the encounter and make any
erosion potential assessments. Specifically, it is important to determine the droplet break-up time and mass
history as it transits through the shock layer. Research on droplet interactions with planar shocks applied to
hypersonics have therefore concentrated on predicting droplet breakup time, mass history, and impact time
as summarized next.
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Fig. 6—Breakup sequence of a 2.5 mm water droplet exposed to the flow behind a Mach 3 shockwave.
Weber number = 43,330. Image sequence generated from data made public from [38].
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Droplet Break-up Time

The experimental work performed by Reinecke and Waldman in the early to mid 1970’s is to this day
one of the main references in the study of droplet behavior across shocks for application to hypersonic
vehicles. [25, 33]. In their initial work, they performed a series of shock tube tests where spherical droplets
with diameters between 0.5 and 2.5 mm were traversed by shocks moving at Mach 3, 6, 9 and 11 at pressure
altitudes of sea level, 20 kft, and 40 kft.[25] Qualitative observations of droplet behavior after shock
passage were gathered from shadowgraphs and quantitative assessments of droplet mass loss with time
were obtained using X-radiographs. The data collected was used to develop correlations to predict droplet
breakup time and mass history.

Fig. 7—Droplet breakup time data with correlations proposed by Reinecke (left), maximum dynamic
pressure factor Q,, and shock Mach number M as a function of flow Mach number M, behind the shock
(right). Plots adapted from [33].

Shadowgraphs from their experiments showed how upon initial exposure to the flow behind the shock wave,
spherical water droplets were flattened by the pressure differential between their stagnation point (equator)
and the top and bottom of the droplet (poles). [25] Following this initial deformation, mass stripping and
catastrophic droplet breakup were both observed throughout the tests.

Reinecke and Waldman described material stripping as a process which starts by air moving over the surface
of the droplet and dragging some fluid along with it. As this fluid reaches the poles of the droplet, it separates
and is swept away by the wake of the droplet as a fine mist. [25] Water particles removed in this stripping
process are very small and either evaporate or are absorbed by local streamlines moving away from the
vehicle body. [33]

Catastrophic droplet breakup is identified by a rapid growth of surface waves on the windward side of the
droplet which turns unstable when the amplitude of the waves becomes comparable to the dimensions of the
drop and ultimately tears the droplet apart. [25] Droplet fragments that remain after the droplet shatters may
be large enough to continue on a collision course with the vehicle or may continue to catastrophically break
until they reach a Weber number below the critical value. [33]
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Droplet mass histories after shock passage obtained from X-radiographs in their experiments indicated
that mass stripping occurred for all the test conditions evaluated and always preceded catastrophic droplet
breakup. Examination of droplet breakup times for Weber numbers between 60,000 - 700,000 showed that
mass stripping progressed further prior to catastrophic breakup with decreasing Weber number. Using flow
properties behind the passing shock, the initial droplet diameter D, o, and the droplet density p;, Reinecke et
al. defined a nondimensional time 7" as shown in Eq.(9) and used this parameter to define a nondimensional
breakup time 7}, occurring when ¢t = t;,.

v o
Do\ pa

T = &)

With their experimental data, they then developed a correlation for 7, as a function of Weber number shown
in Eq.(10).

T, =45 -We 0% (10)

Additional work performed by Reinecke a few years later tested water droplets with diameters between 50
- 300 microns and 500 - 2500 microns with shocks traveling between Mach 1.3 - 12.6 and Weber numbers
in the 50 - 95,000 range. [33] The droplet breakup time results from this investigation and the extensive
examination of experimental results obtained by other researchers led Reinecke to the conclusion that more
than one correlation for droplet breakup time was required to better fit low Weber number ranges and that his
initial correlation could be revised. He therefore proposed three new correlations for droplet breakup time
using the Weber number and a new nondimensional parameter Q,, defined as the maximum value of the
ratio between the dynamic pressure of air at the droplet surface and the air flow dynamic pressure ahead of
the droplet. These three correlations and their ranges of applicability defined by Reinecke based on Weber
number are summarized below. [33] Note here that Reinecke used 8 as the critical Weber for breakup in his
correlations and therefore the breakup time predicted grows as the Weber number approaches this value.

Ty Q'/? =22 (We—8)" /4 We < 1700
Ty On'/? = 0.013(We—8)* 1700 < We < 2700 (11)

T Op'/? =35(We—8)~1/* We > 2700

A plot showing these correlations and the experimental data Reinecke used to develop them is shown in
Figure 7 (left). [33] A figure illustrating the variation of Q,, as a function of flow Mach number M, behind
the shock is also provided in this figure (right). As a reference, note that for a hypersonic vehicle entering the
troposphere at Mach 4 such as the one described earlier for the analysis in Table 2, the flow Mach number
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M> behind the shock in the nose region is approximately 1.55, which corresponds to a Q,, value from Figure
7 of about 0.93. At higher flight Mach numbers and therefore higher shock Mach numbers M; in this figure,
the approximate value of this parameter approaches 0.8 and its variation is relatively small.

In general, the results summarized in Figure 7 show that the nondimensional breakup time has a We™!/# de-
pendence, except for a small section of the Weber number range between 1000 and 5000 where 7}, increases
with Weber number. No physical explanation for this behavior has been found in the literature although two
separate experimental studies have reported similar observations in this regime. [26, 33]

Droplet Mass History

A mathematical expression for droplet mass history after shock passage was also suggested by Reinecke
et al. to be used with the breakup time correlations above and is provided in Eq.(12).[25] This relation
shows droplet mass m normalized by initial droplet mass m as a function of time ¢. According to the author,
Eq.(12) has no theoretical foundation but provides a reasonably accurate representation of the experimental
data obtained. [25]

| ¢
m_ 5 <1 +cosn> (12)

my Ip

Droplet Impact Time

Application of the droplet breakup time correlations and mass history equation to the analysis of hydrom-
eter encounters with hypersonic vehicles requires a prediction of the droplet impact time ¢#;. This parameter
is defined as the time it would take a droplet to reach the vehicle after entering the shock layer. Knowledge
of this parameter is important because a comparison between ¢; and #, can provide additional insight into the
type of collision to take place. If #; < 1, the droplet will impact the vehicle before shattering and Eq.(12)
can be used to determine the final droplet mass at the time of impact (effective mass capable of inducing
surface erosion). Conversely, if ¢; > ¢, catastrophic droplet breakup will occur before the encounter. In this
scenario, remnants from the shattered droplet may or may not pose a collision threat depending on their size
and how close to the surface the catastrophic breakup took place.

Estimating the droplet impact time #; requires knowledge of the droplet trajectory and the shock layer thick-
ness which is equal to the shock standoff distance, 8, if the analysis is performed using the stagnation point
as a reference. Droplet displacement measurements performed in shock tubes have shown that the constant
acceleration formula in Eq. (13) is applicable to this problem. [27, 28]

X=A-T? (13)

From the equation above, X is the nondimensional droplet displacement defined by X = x/Dy, T is the
nondimensional time from Eq. (9), and A is a coefficient with a value defined differently by researchers. [27,
33, 39] Reinecke at al. suggested this coefficient could be related to the droplet Weber number based on the
examination of data found in the literature and provided the following formulas:
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Fig. 8—Graphical representation of droplet transit through shock layer at stagnation point used for impact
time calculations.

A=0.252InWe 12 < We < 300
A =2.966—0.268InWe 300 < We < 8000 (14)
A =0.062InWe We > 8000

If the droplet displacement through the shock layer is obtained with Eq.(13) and the shock standoff distance
0 is estimated using a validated correlation such as the one recently proposed by Sinclair and Cui in [40],
the distance s between the moving shock and the accelerating droplet moving towards the vehicle shown
graphically in Fig.8 can be predicted using Eq.(15). From this last equation, note that Uj is the shock speed
which is equal to the vehicle flight speed, Us.

s=Us-t—x (15)

At the time of droplet impact with the vehicle, s = & , t = f;, and x = x; in Eq.(15). The correlation for
droplet displacement provided in Eq.(13) can then be written in dimensional form at the time of impact as
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shown in Eq.(16). This result can then be substituted into Eq.(15) as shown in Eq.(17), which can then be
used to solve for ;.

2
xi_A.<UZ /PZ.tl) (16)
Dy Do\ pa

2
5:Us-t,-A-<U2 ’”-t,-) 17)
Dy

2.2.2 Interactions with Non-Planar Shocks

Fig. 9—Photographs of water droplets interacting with a projectile flying at 3.58 km/s (left) and zoomed
in view of droplets traversed by curved shock (right). Images adapted from [41].

Up to this point, the discussion of droplet breakup in hypersonic shock layers has only considered in-
teractions with planar shocks and is therefore only applicable to weather encounters with the stagnation
region of a vehicle i.e. nosetip or leading edge (when flying at a zero angle of attack). Downstream of the
stagnation region however, droplets will interact with a curved shock or a conical shock prior to impacting
a planform surface.

Key differences in the flowfield behind non-planar shocks in comparison to normal shocks influence droplet
demise aft of the vehicle stagnation region. Gradients across non-planar shocks are significantly more
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benign in comparison to normal shocks and will generate reduced aerodynamic loads on droplets. Three
dimensional flow relaxation downstream of a conical shock will also favor droplet survivability. On the
other hand, droplet transit times across shock layers downstream of the nosetip or leading edge are much
longer, allowing the droplet breakup process to advance further before a potential impact. Characterizing
the breakup behavior of a droplet across this complex flowfield is also important to determine the collision
conditions just before impact on vehicle surfaces other than the stagnation region.

Spherical Waves

Fig. 10—Droplet transit through conical shock layer of a projectile traveling at 990 m/s. Images adapted
from [42].
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Fig. 11—Stereo views of droplet deformation and breakup due to interaction with conical shock. Images
adapted from [43].

From the experimental research on droplet encounters with non-planar shocks in the literature, the work
performed by Barber et al. provides some of the best high resolution visualizations of droplet interaction
with a curved shock. [41] In their work, the authors used a light gas gun to launch projectiles through streams
of falling drops with diameters in the 20 - 200 um range. Using a Q-spoiled laser with a microscope camera
system, they collected observations in two projectile speed regimes: low speed (~ 1 km/s) and high speed
(3.7 - 4.3 km/s). Figure 9 provides a sample image obtained by Barber of water droplets penetrating the
curved region of the bow shock for one of their high-speed projectiles.

When capturing high-speed images of a projectile collision with a column of droplets, the speed difference
between the projectile and the falling droplets is so large that the droplets appear to be stationary or frozen
in time as the projectile flies through them. From the zoomed in view of the droplets traversed by the curved
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section of the bow shock, notice how some droplet flattening begins to occur but no apparent mass stripping
is observed. Individual droplet shocks also appear in the image indicating supersonic droplet velocities
within the shock layer.

- 3 3
Liquid Impact - Ice Impact

Diameter Diameter

Fig. 12—Impact craters from liquid an solid hydrometeors from sled test experiments at Holloman Air
Force Base. The circles depict the size of the hydrometeors relative to the craters. Adapted from [48].

More recent experimental work on droplet interactions with non-planar shock flowfields was performed by
Moylan et al. at the University of Alabama ballistics range. [42] For their tests, a 12° cone with a 0.63 cm
nosetip radius was accelerated to 990 m/s before colliding with a simulated rain field with 1-2 mm droplets
generated with a custom-made dripper system. Figure 10 shows a sequence of high speed images capturing
droplet transit through the conical shock layer prior to surface impact. A distinct feature mentioned by the
author of these results is the expansion of droplet diameter with transit time. [42] Mass stripping is observed
in the last frame for a small cluster of droplets highlighted in a red circle. Post-impact droplet mist and
spherical waves are clearly seen emanating from the surface of the projectile. [42]

The most recent research performed on droplet interactions with non-planar shocks was conducted by Daniel
et al. at Sandia National Laboratories, who experimentally investigated water droplet deformation and
breakup behind conical shocks generated by 0.22 caliber bullets flying at Mach 4.5.[43] A comparison
done by the author of measured droplet break-up time against predictions from literature correlations was
in great disagreement, suggesting previous derived correlations using shock tubes and planar shocks is
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inadequate for conical shocks. One of the main conclusions from their study was that the three dimensional
relaxation of flow properties behind a conical shock causes a significantly different droplet response in
comparison to the flow step-change and no relaxation that occurs across a normal shock. [43] Figure 11
shows time-synchronized image sequences of droplet breakup captured by Daniel et al. for droplets with a
mean diameter of 192 um traversed by the conical shock from their experiments.

2.3 Weather-Induced Erosion Studies

Droplet impacts on the nosetip or leading edge of a hypersonic vehicle can cause surface shape changes
that generate an undesirable drag increase or the development of hotspots that overwhelm the thermal man-
agement system. Aft of the vehicle stagnation region, continuous droplet impacts may cause surface rough-
ness changes and material loss that increase frictional drag affecting flight control or cause earlier boundary
layer transition. Understanding and predicting weather-induced erosion is therefore crucial to ensure the
airworthiness and mission success of a hypersonic vehicle are not compromised during flight.

z
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Fig. 13—Schematic of droplet impact showing formation of compressed liquid region within droplet
an instant prior to lamella formation (zop left), fluid ejection with lamella formation and detail showing
turning point (bottom left), redrawn plot with experimental data showing ratio of lateral jetting to impact
velocity as a function of impact velocity (right). Schematics adapted from [44, 49-51]

Droplet impact erosion is strongly dependent on multiple parameters that fall into two main categories:
impact conditions (collision speed, droplet size, impact angle) and surface characteristics (geometry and
material-specific properties). [44] Surface erosion is also a function of number of impacts, so its a time-
dependent phenomenon that proceeds in phases.” [45, 46] Variable impact conditions, surface design, and
time dependency make characterizing erosion using metrics such as surface roughness increase and/or mass
loss rate extremely challenging.

An ideal test facility to study weather-induced erosion of hypersonic vehicles would allow accurate repro-
duction of flight conditions, simulate liquid and solid hydrometeors of relevant size, accommodate long and
variable model exposures, fit full scale models, enable impact surface heating, and allow post-test specimen

TThe three phases of erosion are incubation (stress accumulation period), steady state mass loss (linear surface mass loss period),
and final erosion (significant mass loss period). [45, 46]
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Fig. 14—Shear stress (top) and normal stress (bottom) distributions as a function of time for liquid droplet
impact. Correlation of turning point location with stress maxima (right). Droplet diameter was 3.49 mm
and impact speed 2.97 m/s. Adapted from [51].

recovery. Unfortunately, there is no test facility available that can achieve all of these requirements and
therefore compromises must be made when attempting to investigate erosion experimentally. Among the
test approaches used in the literature, researchers have performed single drop impact testing using projec-
tiles in ballistic ranges, rocket sled experiments where a specimen is accelerated to high speeds through a
stream of droplets, and in-flight testing where an aircraft is flown through precipitating clouds. [15, 47] Each
one of these experimental methods has advantages and limitations as outlined by Gohardani and should be
used according to the desired level of evaluation (initial, extended, or complete) as recommended by Fields.
[15, 47]

Among the limited experimental data publicly available, one study of interest was a rocket sled campaign
performed at Holloman Air Force Base where erosion damage from high speed impacts of liquid and solid
particles was done for an ablative material being screened for a radome. [48] The test specimen was accel-
erated by the sled to 655 m/s and collided head-on with water particles in liquid and solid phase with a
diameter of 3 mm. Sample images of the surface craters induced by the impacts from both hydrometeors are
shown in Figure 12. One of the key findings from that study was that water drops and ice particles of equal
mass produced equivalent damage to the test sample.

Experiments like the sled test performed at Holloman Air Force Base provide valuable surface damage data
which is useful to inform the material selection for a hypersonic vehicle. However, no insight regarding the
liquid-solid interaction and the physical mechanism that drives the surface damage is available from those
experiments or has been documented in the literature for hydrometeor impacts at hypersonic speeds.

Given the absence of that key information, perhaps a reasonable starting point is to at least describe the
known physics of droplet impact at lower speeds from published research. The main mechanism known to
play a key role in the initiation of surface erosion from low speed droplet impacts is lateral jetting as shown
schematically in Figure 13. [44] Upon impact, a compressed liquid region is formed within the droplet and an
expanding shock front propagates away from the contact zone. [44] Pressure release from that compressed
region occurs through the lateral outflow or “jetting” of liquid parallel to the collision surface, a droplet
feature known as the lamella. [44] For droplet impact velocities between 100 to 1140 m/s, spreading velocity
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measurements of the lamella as it emerges have been found to be several times the impact velocity as shown
in Figure 13.[49, 50] The shear stress that results from this ejected fluid moving along the impact surface
at high speeds is responsible for the onset of surface erosion. [44] Shear stress measurements of droplet
impact have shown that the maximum shear stress propagates radially with the spreading lamella and its
position correlates well with the position of the turning point 3as shown in Figure 14.[51] Similar to the
shear stress, the peak normal stress induced by an impacting droplet (peak impact pressure) also propagates
radially with the spreading drop. [51] The key implication from these results is that the propagation of the
shear and normal stress maxima act to “scrub” and “press” the contact surface causing damage. [51]

8The point within the droplet where the liquid flow direction changes from the -z direction (perpendicular to the contact surface)
to the +r direction (radial direction parallel to the contact surface).
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3. ASSESSMENT OF THE POTENTIAL FOR EROSION MEASUREMENTS IN WIND
TUNNEL FACILITIES

Experimentally investigating encounters of hypersonic vehicles with atmospheric hydrometeors to eval-
uate surface erosion and its effect on aerodynamic performance is an extremely difficult task. The main
challenge is accurately replicating the conditions of the encounter while simultaneously quantifying its
effects. Unfortunately, no single hypersonic facility today can achieve this but different experimental ap-
proaches have been used by researchers, each with distinct advantages and limitations. Shock tubes for
example have been employed to investigate breakup mechanisms of droplets and ice crystals in simulated
shock layers but they cannot be used to study any type of particle-surface impact. High-speed projectiles
striking hydrometeors in a gun range provide the most realistic simulation of the hypersonic encounter with
a weather particle and have been used in surface erosion studies. However, projectile recovery after testing
may result in additional and spurious surface degradation. Furthermore, no assessments can be made about
the effect of erosion on the aerodynamic performance of the projectile. Finally, wind tunnel testing has the
advantage of measuring aerodynamic performance of a body in a controlled setting and for a relatively long
duration but generating the appropriate hydrometeor environment that will induce erosion in the first place
is not trivial.

This research program initially proposed to use the brand new Naval Center for Space Technology (NCST)
hypersonic wind tunnel to perform a set of experiments to characterize hydrometeor encounters with hyper-
sonic vehicles and quantify the effect of surface erosion on aerodynamic performance. Prior to designing
and conducting the wind tunnel tests, the implications and challenges associated with this experimental
approach were carefully examined and the results of this effort are summarized next.

3.1 Preliminary Analyses
3.1.1 Artificial Hydrometeor Generation

Water vapor condensation occurring in the atmosphere can be simulated inside a supersonic or hyper-
sonic wind tunnel to generate hydrometeors if it is operated with moist air as opposed to dry air. As the
flow Mach number increases through the nozzle and the static pressure and temperature drop, the relative
humidity”of the moist air increases rapidly and a state of high supersaturation is reached. [52] At this point,
condensation in the flow ensues, but in contrast to the heterogeneous nucleation process that takes place
high up in the atmosphere, condensation in a wind tunnel proceeds via homogeneous nucleation. This oc-
curs because in comparison to air in the atmosphere, wind tunnel flows typically have a low concentration
of impurities and therefore a reduced number of sites available as condensation nuclei. [11]

Condensation via homogeneous nucleation in a wind tunnel nozzle will produce particles with diameters
between 0.1 and 20 um.[48, 53] These particles are a few orders of magnitude smaller in comparison to
raindrop sizes of interest for this study. The main challenge that arises when using a wind tunnel however
is that the time scale of the high speed flow downstream of the nozzle is extremely short for these very
small particles to grow and achieve raindrop sizes. Coagulation and gas-to-particle conversion processes
responsible for transforming small cloud drops into precipitating ones in the atmosphere occur over length
scales which are significantly larger. These processes are also facilitated by the effect of convection currents

9Relative humidity is defined as the ratio of the amount of water vapor present in air to the maximum amount of water vapor
that can be contained by air at the same air temperature.
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and large water contents in clouds which are obviously impossible to replicate in a wind tunnel. Generating
liquid and solid hydrometeors in a wind tunnel test section with characteristic diameters between 0.5 - 2 mm
is not possible through condensation alone and therefore an alternative strategy must be employed.

3.1.2 Artificial Hydrometeor Fluid Selection

Generating liquid hydrometeors in the test section of a cold hypersonic wind tunnel such as the NCST
facility is not possible by simply injecting water into its settling chamber. Due to the low stagnation tem-
perature of this facility (~ 295K) and the adiabatic flow expansion that occurs through the nozzle, the flow
reaches static temperatures at the test section that are well below the freezing point of water. Consequently,
small water droplets that achieve thermal equilibrium with the flow cannot remain in liquid state and an
alternative fluid must be used to generate artificial hydrometeors.

In order to select a water surrogate for this purpose, fluids must be screened based on their physical proper-
ties. First, the triple point temperature!’of the fluid needs to be lower than the minimum static temperature
reached by the flow to avoid the risk of freezing. Second, the normal boiling point!of the fluid needs to be
used to evaluate the likelihood of the fluid existing in liquid phase as opposed to gaseous phase in the tunnel.
If at atmospheric pressure the boiling point of the fluid is low, at the sub-atmospheric pressure conditions
through the nozzle expansion and test section the boiling point will be even lower and the fluid might only
exist in the gaseous phase. Fluids with normal boiling temperatures above the static temperature of the flow
in the test section are therefore desired.

Assuming the flow Mach number for a set of wind tunnel experiments is in the 2 — 4 range, the static
temperatures expected at the test section can be used to establish the ideal triple point temperature and
normal boiling point requirements used for fluid screening. As shown in Table 3, the ideal fluid needs to
have a triple point temperature below 68 K (flow static temperature at Mach 4) and a normal boiling point
above 155 K (flow static temperature at Mach 2).

Table 3—Ideal screening requirements for fluid selection to produce artificial hydrometeors in wind tunnel.

Fluid Property Test Section Requirement Desired Physical Behavior
Triple Point Temperature < 68K Fluid will not freeze
Normal Boiling Point > 155K Fluid will not evaporate

To identify potential fluid candidates with the desired properties outlined above, a systematic fluid search
was conducted through the extensive database of industrial substances compiled in REFPROP 10.0.'2As
part of this exercise, fluids were initially ranked based on their triple point and normal boiling point. Toxic,
flammable, corrosive, health, and environmental hazards associated with the handling of these substances in
a laboratory setting were also taken into consideration in the screening process.

From this analysis, no single fluid exists that full fills the fluid property requirements listed in Table 3 and
does not pose a significant handling or operational hazard in a laboratory setting. Relaxing one constraint
and considering fluids with triple point temperatures slightly above 68 K, two possible options are propane

10The triple point of a fluid is unique temperature and pressure condition at which liquid, solid, and gaseous phases exist in
equilibrium.
"The normal boiling point is the temperature at which the vapor pressure of a liquid equals one atmosphere.
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(85.5 K) and butene (87.8 K). Using these fluids does not necessarily imply droplet freezing is inevitable
because liquid droplets being accelerated through the wind tunnel must be in thermal equilibrium with the
flow at the test section for this to occur and thermal equilibrium may or may not be reached for a specific
fluid depending on droplet size.

Without being able to ascertain the level of thermal equilibrium that may exist between propane or butene
droplets and the wind tunnel flow, it is important to at least consider the worst case scenario which assumes
equilibrium in order to predict what is the earliest in the wind tunnel flow path that freezing may occur.
Similarly, on account of propane and butene being liquefied gases, it is also of interest to evaluate the
possibility of flashing occurring upon injection into the stagnation tank of the wind tunnel and if that is the
case, where along the flow path gaseous propane will liquefy.

For this purpose, the static pressure and temperature flow conditions of the wind tunnel obtained using a
quasi-one-dimensional analysis and assuming a stagnation temperature of 300 K for a Mach 2 and 4 test
section were superimposed on a phase diagram for propane and butene obtained from REFPROP 10.0. The
results from this exercise in Figures 15 and 16 show how for a Mach 2 flow, both propane and butene would
indeed flash upon injection into the wind tunnel given the stagnation tank pressure-temperature conditions.
However, as the flow expands through the nozzle and both temperature and pressure drop, liquefaction
would occur prior to reaching the test section. For the Mach 4 flow conversely, none of these candidate
fluids would flash inside the stagnation tank but both fluids would reach their triple point approximately 2
m upstream of the test section.
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Fig. 15—Pressure-temperature flow conditions through the NCST hypersonic wind tunnel for Mach 2
and Mach 4 overlaid on a propane phase diagram (left). Locations along the Mach 2 and Mach 4 flow
paths where propane fluid would reach liquefaction or solidification assuming thermal equilibrium with
the flow (right).

As a final comment on fluid selection, from the experimental setup standpoint, propane and butene are
commercially available liquefied gases that aside from being flammable, are not toxic or corrosive. Propane
however has a higher vapor pressure at room temperature so it is typically stored at a much higher pressure
[54]. This is extremely advantageous when designing a liquid delivery system that would be necessary to
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Fig. 16—Pressure-temperature flow conditions through the NCST hypersonic wind tunnel for Mach 2
and Mach 4 overlaid on a butene phase diagram (left). Locations along the Mach 2 and Mach 4 flow
paths where butene fluid would reach liquefaction or solidification assuming thermal equilibrium with

the flow (right).

seed the wind tunnel airflow. Preliminary flammability calculations not presented here have shown that the
maximum propane injection flow rates required for the experiments correspond to 24 - 40% of the necessary
flow rates required to achieve mixture concentrations at 50% of the Lower Flammability Limit (LFL). These
results demonstrate that propane injection into the wind tunnel would not pose a flammable hazard for the

facility.

12Reference Fluid Thermodynamic and Transport Properties (REFPROP) is a computer program and database developed by the
National Institute of Standards and Technology (NIST) to provide thermophysical properties for a variety of industrial fluids over a

wide range of conditions and fluid phases.

13pubChem is an open chemistry database at the National Institutes of Health (NIH) that collects scientific data from government

agencies, chemical vendors, and journal publishers.
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3.1.3 Hydrometeor Velocity Deficit and Droplet Survival

Simulating hydrometeor encounters with a hypersonic vehicle using a wind tunnel facility requires ac-
celerating liquid or solid particles to vehicle flight speeds before they collide with a stationary model. Cal-
culations of particle drag acceleration performed by researchers have shown that having particles achieve
free stream speeds would require prohibitively long flow paths upstream of the test section that no practi-
cal facility can accommodate. [48, 55] Consequently, for a typical wind tunnel, drag accelerated particles
are expected to have a significant velocity deficit upon reaching the test section. Quantifying that deficit is
important prior to performing any experiments.

Drag acceleration of particles in a hypersonic wind tunnel can be analytically predicted if the particles are
assumed to be small solid spheres that do not rotate or interact with one another as they are accelerated.
Under these assumptions, viscous effects dominate the kinetic behavior of the particles and their acceler-
ation profile can be computed by solving the following differential equation, which is a result of applying
Newton’s Second Law of motion to a particle subjected to aerodynamic forces. [48]

dU, 3 p. 1 5
= _(U.—-U 18
d 4 Dppr( ») (18)

where

Cp is the particle drag coefficient
pp 1is the particle density

D, is the spherical particle diameter
U, is the particle velocity

P is the flow density

U, 1is the flow velocity.

Several expressions have been proposed in the literature to model the drag coefficient Cp of a spherical
particle in Eq.(18). [56-59] One of the most recent works on this topic was performed by Loth who de-
veloped and validated a model for the drag coefficient of spherical particles in flow regimes dominated by
compressibility (Re;, > 45) or rarefaction (Re,, < 45), where Re,, is the Reynolds number based on particle
diameter. [59] Using Loth’s model for the Cp and the flow properties along the flow path of the NCST hy-
personic wind tunnel calculated with a quasi-1D analysis for a Mach 4 condition, Eq.(18) was integrated
between the stagnation tank and the test section using four sample particle sizes to predict particle velocity
as a function of axial location.

Figure 17 (center) shows a comparison of the calculated flow speed and the expected particle velocities.
Note that the smallest particle size considered in this analysis corresponds to the reference diameter for the
smallest possible raindrop and the largest corresponds to the typical raindrop diameter as presented earlier
in this report. The results clearly show how the particles accelerate through the Mach 4 flow path but none
of them reach the flow speed at the wind tunnel test section. Figure 18 (left) shows particle velocity deficit
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as a percent of the flow speed at the test section for the four droplet sizes modeled. As expected, note how
the velocity deficit increases with increasing particle size and ranges between 7 - 38% in this analysis.

The main implication of particles lagging the wind tunnel flow is that the collision speed simulated in the
experiments will be lower in comparison to the actual collision speed with a vehicle in flight. A slower
moving particle will have a lower kinetic energy which decreases its erosion potential upon impact. As a
result, for a single impact with a test model, any surface erosion occurring in a wind tunnel environment
will underestimate the actual damage that may occur on a flight system.

Particles with large velocity deficits used to simulate collisions with hypersonic bodies in a wind tunnel are
certainly problematic, however, another issue of commensurate experimental complexity is having droplets
with sizes of interest survive the drag acceleration process and reach the test section. This is due to the
fact that droplets undergoing acceleration are prone to breakup which is governed by the Weber number as
described earlier in this report.

For water droplets introduced upstream of the nozzle and into the settling chamber of the NCST hypersonic
wind tunnel, Figure 17 (bottom) displays the calculated Weber number as a function of axial location ob-
tained using local flow properties and assuming a constant surface tension value of 0.075 N/m at 0.01 °C
(value at the lowest possible temperature before freezing obtained from REFPROP 10.0). Figure 18 (right)
summarizes the peak Weber numbers for the four droplet sizes considered in this analysis.

From the results in these figures, note how the maximum Weber number experienced by the water droplets
is expected near the throat of the Mach 4 flow path (the dip observed just upstream of the throat is a non-
physical numerical artifact of the solution discretization). More importantly however, note from Figure 18
(right) that the peak Weber number for droplets in the 0.1 - 2.0 mm range significantly exceeds the critical
Weber number for breakup mentioned in a previous chapter of this report (We,. = 12).

This analysis therefore demonstrates that breakup is inevitable in a Mach 4 wind tunnel flow for droplets in
the 0.1 - 2.0 mm range and that it is expected to occur early on in the flow path upstream of the test section. It
is unknown however if complete demise of the initial droplets will occur before reaching the test section or if
any children droplets that result from the break up process may survive. If the latter were to occur however,
the size of those surviving droplets may not be relevant anymore for the study of hydrometeor-induced
surface erosion.

3.1.4 Aerothermal Heating

Hypersonic glide vehicles are exposed to very intense aerothermal loads during flight that to this day
continue to challenge the design of thermal protection systems. The boundary layer along the vehicle surface
is very hot due to the high-kinetic energy of the hypersonic flow entering this layer and slowing down by
viscous effects [60]. The gas within the shock layer but outside the surface boundary layer reaches very high
temperatures due to shock-wave heating [60]. Heat transfer from both the extremely hot boundary layer and
shock layer to the cooler vehicle body occurs through thermal conduction and radiation, increases with the
cube of flight velocity, and causes extremely high surface temperatures specially for vehicle leading edges.
[60]

From the surface erosion perspective, high surface temperatures will affect the mechanical properties of the
materials which in turn influence the damage level suffered by the vehicle. [55] Ideally, a wind tunnel facility
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of wind tunnel flow path axial location for various droplet sizes (center), Weber number as a function of
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used to generate the artificial erosive flight environment should simultaneously provide the high enthalpy
flow conditions to simulate test specimen heating. This is not possible with the NCST hypersonic wind
tunnel and therefore any model erosion assessment made from experimental results obtained in this facility
must keep that in mind.
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3.2 Path Finding Experiments

Given the numerous challenges of using a wind tunnel facility to test collisions of artificial hydrometeors
(droplets) with a hypersonic vehicle as discussed above, it was important to conduct a preliminary set of
rapid experiments that could help de-risk the proposed NCST hypersonic wind tunnel tests as well as inform
their design. Specifically, it was critical to verify artificial hydrometeors could be generated by injecting
propane into the settling chamber of the wind tunnel and furthermore whether or not those droplets would
survive and make it to the wind tunnel test section.

3.2.1 Experimental Setup

The prototype experiments were performed using a small scale replica of the NCST hypersonic wind
tunnel, designed to generate Mach 2-4 flows in a test section with a height of 1.9 in and width of 1.6 in
(roughly 2% of the NCST hypersonic wind tunnel test section area). Figure 19 shows a side view of this
small scale wind tunnel assembled to its settling chamber. Just like its large NCST counterpart, the lower
nozzle block of this tunnel slides back an forth to vary the test section Mach number by changing the throat
size. For the set of experiments performed with this tunnel, the flow condition of interest was Mach 3.5
based on the notional vehicle trajectory discussed earlier in this report.

To supply high pressure air to the small scale wind tunnel for its operation, one of the 2800-gallon air
tanks for the NCST hypersonic wind tunnel was pressurized using a SpeedAire compressor connected to
an Ingersoll Rand air dryer. The tank was plumbed to the wind tunnel and a remotely activated Bonomi
pneumatic valve was used to initiate the air flow for the experiments. Figure 20 shows a picture of this
setup.

To seed the airflow for the tests and generate droplets, a propane injection system originally designed to be
used with the large NCST hypersonic wind tunnel was modified to use water and integrated to the settling
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Fig. 19—Small scale wind tunnel used in path finding experiments.

Exhaust Flow Deflector

Fig. 20—Auir supply system components and connection to the small scale wind tunnel.

chamber of this small scale wind tunnel. This fluid delivery system consisted of a 2.25 L high pressure
cylinder used to store water, a nitrogen bottle used to pressurize the cylinder, and a spray nozzle connected
to the cylinder with a high pressure braided hose. Figure 21 shows pictures of this system integrated to the

settling chamber of the small scale wind tunnel.'#

For the experiments, pressure measurements of the wind tunnel settling chamber and test section plus digital
photography and shadowgraph imaging were used. The pressure measurements were used to verify the
actual Mach number achieved at the test section of the wind tunnel. The optical diagnostics were used to
visually corroborate the presence of droplets in the flowfield.

14 Additional details about the experimental setup plus information regarding the test approach and methodology can be found in
an internal document titled Small Scale Wind Tunnel Test Description and Procedure. A copy of this document can be requested by
emailing Camilo Aguilera at camilo.aguilera@nrl.navy.mil.
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Fig. 21—Water delivery system for small scale wind tunnel. (a) Cart with nitrogen pressurization setup
for water cylinder, (b) Connection to wind tunnel settling chamber, (c) View of spray nozzle inside settling
chamber (flow facing for laser alignment with chamber center line), (d) Spray nozzle detail view.

3.2.2 Test Results and Discussion

There were unforeseen experimental difficulties encountered with the operation of the small scale wind
tunnel which unfortunately prevented achieving the objectives set for these tests. However, several lessons
were learned through this effort that should be documented to serve as a reference for other researchers that
may want to use the small scale wind tunnel in the future.

Pressure Losses

As mentioned earlier, one of the NCST hypersonic wind tunnel air tanks was pressurized and connected
to the small scale wind tunnel to operate it. Moving that large tank next to the SpeedAir compressor in
building A-59 was not possible for the experiments due to its size and weight. As a result, a long hose
had to be used to connect the tank to the compressor/dryer assembly which were approximately 100 f
away. Due to this, there was a significant pressure loss through the hose and the maximum air pressure
achieved at the tank using the compressor was 125 psia. For the Mach 3.5 condition of interest for the
tests, the minimum viable stagnation pressure required was 120 psia at the wind tunnel settling chamber.
Stagnation pressure measurements at the settling chamber through the side port shown in Figure 19 revealed
an additional pressure loss through the air line connecting the tank to the tunnel chamber. Due to the low
initial tank pressure and the additional losses through the delivery piping, the wind tunnel was not able to
start. This was verified with static pressure measurements and shadowgraph visualizations of the test section
which indicated the presence of subsonic flow at that location of the flow path.

Wind Tunnel Flow Quality

When it became apparent that the flow was subsonic at the test section, a set of additional experiments were
performed to determine if the flow was supersonic anywhere upstream. If that were to be the case, maybe
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that section of the flow path could be used as a proxy test section. For this purpose, shadowgraph images of
the flow were captured at a few locations downstream of the throat.

The results of this exercise showed that the flow was indeed supersonic but only for a short segment of the
flow path and the flow quality was very poor as shown in Figure 22. Severe leaking from improper sealing
between the tunnel windows and the lower nozzle block allowed high pressure air from upstream of the
throat to enter into the flow path downstream and disturb the low pressure supersonic flow. Figure 23 shows
a picture of the large gaps responsible for this and the leak path observed in the experiments. Unfortunately,
those gaps between the lower nozzle block and the windows are a fundamental design flaw that has no other
way of being corrected aside from machining a brand new, wider nozzle block with an o-ring groove.

Fig. 22—Highlighted flow path region visualized using shadowgraphy upstream of the actual wind tunnel
test section (left), sample shadowgraph of wind tunnel flow highlighting a clean supersonic flow region
observed only along the top nozzle block with subsonic flow everywhere else (right). Very poor image
quality observed due to plexiglass windows of small scale wind tunnel.

Fig. 23—Large gaps between lower nozzle block and small scale wind tunnel windows: (a) Gap seen
from the wind tunnel inlet upstream of the throat, (b) Gap observed near the test section exit, (c) Leak
path of high pressure air upstream of tunnel throat into low pressure region downstream responsible for
heavily disturbing flow as seen in Figure 22.

Obscured Flow Visualizations

Prior to performing any wind tunnel experiments, the spray nozzle was tested offline using different back
pressures to qualitatively characterize droplet size, measure spray angle, and determine injection timing.
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These preliminary experiments were useful to select the operating pressure for the spray nozzle and inform
the test procedure to be followed when the fluid delivery system was integrated and tested with the small
scale wind tunnel.

Despite these preliminary efforts and after multiple injection experiments where nozzle back pressure and
injection duration were reduced, for every single test run performed, the wind tunnel windows were soaked
with water and no flow visualization was possible.

This result was not absolutely unexpected because the spray nozzle used had been originally sized (in terms
of flow rate and spray characteristics) for the large stagnation chamber of the NCST hypersonic wind tunnel,
which is significantly larger than the 6-in chamber of the small scale wind tunnel. Sample pictures of the
wind tunnel before and right after the injection of water are shown in Figure 24.

3.2.3 Final Comments

Failure to de-risk the NCST hypersonic wind tunnel test campaign planned with the small scale wind
tunnel experiments, combined with the ongoing installation delays of the new wind tunnel facility and the
increasing likelihood of its commissioning occurring very close to the end of the program, forced the team
to re-vector the experimental approach and look for alternative ways to obtain the requisite data. These
strategies will be summarized in Chapters 6 and 7.

Flow Direction »

Fig. 24—Sample images of obscured flow visualization with water injection: (a) Streaks of frozen water
appearing on the wind tunnel windows during a test from water that remained in the flow path from a
previous run, (b) Significantly obscured flow visualization occurring with spray nozzle operation.
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4. DROPLET TRAJECTORY AND DEMISE PREDICTION

The flow between the leading shock and the body of a supersonic or hypersonic vehicle has a strong
interaction with cloud drops and raindrops that is fundamental to the study of droplet-induced erosion. Due
to their small size, cloud drops can evaporate, undergo significant deceleration, or conform to the local
streamlines in this shock layer and may never reach the surface of the vehicle. [61] The erosion potential
of these small drops is therefore likely low and the shock layer effectively acts as a shield. Conversely,
larger raindrops undergo a complex break-up process involving mass stripping and shattering as they transit
through the shock layer but may still impact the vehicle and inflict damage. [61] Accurately predicting
the erosion potential of raindrops therefore presents unique difficulties because it requires understanding
this droplet/shock layer interaction to properly determine the terminal size and velocity of the droplet or its
fragments before impact.

Five different modes of droplet breakup have been observed experimentally. The dynamics of these
breakup processes are driven by aerodynamic forces and can be divided into regimes based on the droplet
Weber number as described earlier in Chapter 2. Numerous breakup models have been proposed but typi-
cally they prove to be accurate only in a select set of regimes with no model effectively covering the whole
range. Common models in the low We regimes of oscillation and bag include the TAB, NTAB, Clark, and
DDB models. These start to breakdown in the multimode regime and above where models such as the
Kelvin-Helmholtz and Rayleigh-Taylor wave models must instead be employed [62-70].

Complex flow fields around hypersonic bodies present a particular challenge as droplets will be ex-
posed to diverse and rapidly varying Weber numbers such as when passing through a bow shock region.
Correlation-based demise models, such as those given in Eqgs. (10)—(11) have been calibrated using data
obtained in shock tubes in which the post-shock conditions are constant and may not accurately reflect the
interaction with more realistic flow fields. Thus, it is of interest to understand how the breakup models
mentioned in the preceding paragraph, that are sensitive to variations in the local flow environment, behave
under canonical conditions representative of a hypersonic body in the terminal phase of its flight trajectory.

To accomplish this task, we have implemented a coupled Lagrangian-Eulerian multiphase simulation
algorithm within the JENRE® Multiphysics Framework that is capable of producing high-fidelity predic-
tions of the hypersonic flow fields generated by arbitrary body shapes. We use this tool to evaluate the
performance of several dynamic aerodynamic droplet breakup models for computing the demise of droplets
caused under variable high-Mach number conditions.

4.1 Simulation Methodology
4.1.1 Eulerian Gas-Phase Model

The gas-phase flow field is governed by the Navier-Stokes equations for a multi-component gas,

aa? +V-(Gu) = V- (ZVY) + g, (19)

aaptu—l—v‘(pllll—f‘P):V'T"‘Smoma (20)
JpE

L+V.((pE+P>u):V-(Tu+q)+senergyv 2D

ot
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where the total gas-phase density p =} ; C;W; is the sum of the partial densities of the constituent gas species,
and C; and W; are the molar concentration and molecular weight, respectively, of the i species. The total
energy of the gas mixture is the weighted sum of the internal energies of the species ¢; and the kinetic
energy of the gas according to pE = ¥,;CiWie; + 1/2p|u/?, where u is the gas-phase velocity. We assume
that the gas is a mixture of thermally-perfect gases with temperature-dependent thermodynamic properties,
and the pressure P can be related to the temperature 7 according to the ideal gas law. We use the standard
Newtonian viscous stress tensor 7 =y (Vu+ (Vu)" —2/3V -u) and Fourier heat-flux vector q = —kV7.
Transport coefficients (i, k, and ;) are mixture-averaged values computed using standard models [71-73].
The source terms Sc;, Smom» and Senergy represent the exchange of mass, mixture-averaged momentum, and
mixture-averaged energy between the gas-phase and the liquid droplet phase. These source terms will be
defined in the following section.

4.1.2 Lagrangian Droplet Model

Droplets are modeled as point particles governed by the Newtonian laws of motion,

aX;
=V; 22
I (22)
dv;
; =F; 23
mi— (23)

where X;, V;, and m; are the position, velocity, and mass of droplets i. For the flow conditions of interest,
we assume that aerodynamic drag is the predominant force acting on the droplets, such that F; = Fp,, where

1 wd?
FD,- = ECDZTIP (U—Vi) ‘U—Vi‘. 24)

Droplet Drag

To determine the drag coefficient, Cp, of the droplet we consider three varieties of drag models: drag
on rigid spheres, drag in conjunction with time resolved droplet deformation, and rigid sphere drag with
additive correction.

Rigid Sphere: Here we consider drag on a rigid sphere, ignoring the effect that droplet deformation has
on the local flow field and the resulting hydrodynamic forces. The correlation appears as,

24
Cp.sphere = 0.36 +5.48Re™ "7 Ro (25)

and is purely a function of the droplet Reynolds number,

_ pViDoJ

Re (26)

Time Resolved Distortion: The droplets are assumed to be deformable oblate spheroids with cross-
stream diameter D. and mean spherical diameter D,. We assume the drag between the droplet and back-
ground gas is a function of the droplet distortion defined as y = D./D, with aspect ratio n = 1/y* by
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allowing the drag coefficient to vary between that of a rigid sphere for a perfectly spherical droplet (y = 1)
and that of a disk in the limit of large distortion (y >> 1),

Cp= fCD,disk + (1 - f)CD,sphere- (27)

The interpolation variable f is defined as f = 1 —n?, and we use the correlation for a rigid sphere from
above and the correlation,

64
CD7disk =114 — (28)
TTRe

for disks [70].

Additive Correction: Instead of using a time resolved distortion, another option is to employ a correc-
tive addition to the standard rigid sphere drag,

CD = CD,sphere + CD,def . (29)

Here the corrective term, Cp ger, is a function of droplet Weber number (We),

—V. ZD) .
We — M’ (30)
c
and is,
Cp.aer = We (0.2319 — 0.1579logRe + 0.047 log” Re — 0.0042log’ Re) , G1)

as proposed by Wiegand [74]. The Weber number provides information about the forces acting upon the
droplet allowing for a quasi-steady estimate of the droplet’s distortion.

Droplet Breakup

The droplets are allowed to undergo discrete aerodynamic breakup events during which the parent
droplet spawns a single or multiple child droplets. As discussed in the Introduction, a variety of models
exist that are capable of describing this phenomena over various droplet Weber number regimes. In this
work, we are concerned only with large-Weber-number phenomena and focus our primary attention to those
models considered to be generally applicable in that flow regime.

Upon a breakup event, child parcels are initialized with the same temperature as the parent droplet at a
random location within a shell between D, and 2D, from the center of mass of the parent droplet. A small
random velocity perturbation is applied in the plane normal to the trajectory of the parent droplet, and the
parent mass and momentum are adjusted to ensure conservation.

Taylor Analogy Breakup (TAB): The original Taylor Analogy Breakup (TAB) model, proposed by
O’Rourke and Amsden [75], is a time resolved ODE that predicts a droplet deformation parameter. The
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aerodynamic force driving the deformation is counteracted by the restoring tendency of surface tension and
viscous damping. As formulated by Schmehl [70] the governing equation for the deformation, y, appears as

d? d
—2 = —200h=2 — 64 (y— 1) +2Cs 1ap We. 32)
df dr '

The droplet Ohnesorge number (Oh) is defined according to

Ly

AV plDo,iG’

where the subscript / denotes properties of the liquid droplet, 7 = 7/¢* is the non-dimensional time variable,
and o is the surface tension at the gas-liquid interface. Equation (32) is non-dimensionalized by the charac-
teristic time of free shape oscillations t* = (D3p;/5)'/2, and the model constant C; tap = 2/3 as defined in
the original TAB model.

Oh — (33)

In this formulation breakup is assumed to occur when the deformation reaches a critical value of y. tap =
1.5. The parent droplet completely breaks up into multiple child droplets with a Sauter mean diameter
determined by an energy conservation model proposed by O’Rourke and Amsden [75].

Non-linear Taylor Analogy Breakup (NTAB): For large deformations, the assumption of linear pertur-
bations to the droplet surface used in the derivation of the TAB model breaks down. Schemhl [70] proposed
a non-linear model of a droplet oscillating between an oblate and prolate spheroid,

PR dy 48 (dy>2 Ldy  1dS 2CNms
dar

Cr_ —400h— 2 g0 & TANTAB 34
n2+16 472 72416 y? df So dy + y © (34

where Co NTaB = G2 TAB = 2 /3. The rate of surface change can be approximated by,
1ds 9.98y3 — 30.34y2 +33.94y—13.58, 0.5<y<1, 35)
Sody  )0.67y° —4.01y*+9.21y—5.67, 1<y<23,

or directly calculated from the respective expressions for surface area. Here the critical value of deformation
is ye nTaB = 1.8 which predicts breakup under identical flow conditions that result in y. tag = 1.5.

Kelvin-Helmholtz (KH/Wave): In the Kelvin-Helmholz (KH) wave stripping theory [76] droplets are
continuously shed from a deformed parent droplet based on perturbations caused by the most unstable KH
wavelength on its surface,

9.02D, (1+0.450h) (1+0.4Ta"")

Agn = (36)
2 (140.865We!67) "

with corresponding growth rate,

8o 0.34+0.38We
QKH = 3 0.6Y’ (37)
piD; (1+0Oh) (1+ 1.4Ta%®)
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where the Taylor number is defined as Ta = Ohyv/We and We and Oh are defined based on the droplet
radius. The child droplet fragment mass shed from the parent droplet, m, is assumed to vary continuously
according to

dmy _47rp1r(2, (ro—re)

= 38
dr TKH ( )

where r, = D, /2 is the radius of the parent droplet, r. = BoAky is the radius of the child droplets, and
Tk = 3.726B1r,/QkuAky is the time constant associated with fragmentation. In our implementation of
the model, parcels of child droplets are released from the parent droplet when the collected mass exceeds
2% of the parent mass.

Rayleigh Taylor (RT): The Rayleigh-Taylor (RT) breakup model assumes that the growth of RT waves
on the surface of the droplet will eventually lead to breakup [77]. The growth rate of the fastest growing

wavelength is,
— p)13/2
Qr — \/ 2 lalpi=p)P” (39)

3vV3o pr+p

where a is the magnitude of the droplet acceleration tangent to the droplet trajectory. The corresponding
wavenumber and wavelength are

Kar = [ PP, (40)
21
AgT = KRT, (41)

respectively. Breakup is assumed to begin when the dominant wavelength, Agrr is less than the droplet
diameter. After a period of,

Ce

TRT = —, 42
RT= ¢ (42)

the parent droplet completely breaks up into parcels of child droplets. The mean child droplet radius is
determined using the correlation,

mCrr
e Krt (43)

Both model constants are adjustable but are generally set to be, C; = 0.1 and Crr = 0.1.

Kelvin-Helmholtz Rayleigh-Taylor (KH-RT): The hybrid Kelvin-Helmholtz Rayleigh-Taylor (KH-
RT) model assumes that unstable growth of both KH and RT waves may occur simultaneously on the droplet
surface. [65] In essence, both the KH and RT models described above are employed in tandem with the KH
model predicting the continuous shedding of child droplets between the complete breakup events predicted
by the RT model. Since we are focusing on pre-dispersed atmospheric droplets we neglect to include con-
cepts such as initial breakup length and time which are only applicable to phenomena such as jets and
sprays.
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Droplet Vaporization

Droplet vaporization is modeled using the classical rapid mixing model [78], in which the liquid tem-
perature, T;, is assumed to be uniform throughout the droplet. Using this model, the droplet mass m; and T;
are governed by

dTl Nuy; ?] L my
S _ Ty gy, oM 44
dt 3Pr 7; ( t) + CpJ m,-’ 4

dm,- Sh,

m;

m’_dr__35c<q-

> In(1+By;), (45)

where 8 = C,,/C,, is the ratio of specific heats of the background gas to the droplet liquid, 7; = p;d? /(18u)
is the Stokes time constant for the droplet, and L is the latent heat of evaporation. The droplet Nusselt
Nu; and Sherwood Sh; numbers follow the Ranz and Marshall correlations for heat and mass transfer:
Nuy; =2+ 0.552Rei]/2Pr1/3 and Sh; =2+ 0.552Re3/2Scl/3 based on the droplet Reynolds number and the
gas-phase Prandtl and Schmidt numbers. The Spalding mass transfer number By; = (Y —Y,) /(1 —Y;) relates
the vapor mass fraction at the droplet surface Y; to the vapor mass fraction in the background gas Y,. We
assume local thermodynamic equilibrium and compute Y based on the partial pressure of the liquid, such
that

Pl ,sat VVI
=0 (46)
where P is the local gas pressure, W; is the molecular weight of the vaporizing species (in this case, water),
W is the molecular weight of the gas mixture, and P, sa¢ 1s the saturation pressure at the surface temperature.
To control stability of the time integration, we impose a minimum mass on the droplets equivalent to a
1 micron diameter water droplet. Droplets that fall below this threshold are considered to be completely
vaporized and their mass is transferred to the vapor phase over the course of a single time step.

When two-way coupling between the fluid (Equations (19)—(21)) and droplet equations is required,
this is achieved using a simple cell-based averaging technique in which a filter is used to obtain smooth
volume-averaged drag, thermal energy transfer, and vapor mass transfer data at each degree-of-freedom in
the Eulerian finite-element mesh,

1

t+6t
| cokx-xa 47)

for Q = {m,F,,dT;/dt} where K is a kernel function, taken to be unity in this work. We note that more com-
plex smoothing functions can be used to improve the spatial distribution of the source, and future versions
of this flow solver will incorporate these kernels.

4.1.3 Numerical Method

We use an Eulerian-Lagrangian approach to solve the two-phase flow problem in which the primary and
dispersed phases dynamics are computed via a transient time-split phase coupling procedure in which the
governing equations are solved by alternately advancing the primary and secondary phase equations over
some finite time interval Az.
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The continuous gas-phase governing equations (Equations (19)—(21)) are discretized in space using
a discontinuous Galerkin (DG) finite element method similar to that described by Hartmann [79]. In this
formulation, an approximate Riemann solver (e.g., HLLC, Roe, Lax-Wendroff, etc.) is used to compute
the numerical flux across adjacent element faces. The symmetric interior penalty method is used discretize
the viscous fluxes, and time integration is done explicitly using a strong stability-preserving Runge-Kutta
method. This formulation allows the use of high-order polynomial basis functions, which can increase the
formal order of accuracy of the method above second order.

The dispersed phase ordinary differential equations are integrated utilizing using an explicit three-stage
Runge-Kutta method. The size of the primary time step, At, is chosen to ensure numerical stability of the
gas-phase governing equations with a CFL number equal to 0.05. For the smallest droplets in the system, the
time step for the dispersed phase equations can be subcycled so as to provide enhanced numerical stability.

4.1.4 Physical Model

A typical hypersonic platform consists of a blunted nose cone or leading edge followed by a tapered
forebody and an afterbody that houses the vehicle control surfaces. The flow environment in the vicinity
of the leading edge can be quite severe and is likely to be reasonably approximated using the breakup
time models discussed in Chapter 2. The interaction of droplets with the vehicle forebody and, potentially,
with control surfaces downstream is less likely to be consistent with these correlations that were developed
based on normal shock-droplet interactions. To illustrate this point, we investigate droplet-shock interaction
around an idealized model of the a typical forebody: a 10° wedge. The conditions correspond to a wedge
traveling at M=3 through quiescent air at 3 km altitude that encounters droplets in the range of 0.1-1mm in
diameter. Figure 25 shows the temperature profile for the oblique shock over the wedge where the shock
can be noted by the temperature jump running diagonally through the domain. After passing through this
oblique shock, the droplets encounter a variable flow environment in which the choice of the drag models
and the aerodynamic breakup models will have a significant impact on their likelihood of surface impact.

Fig. 25—Temperature profile for a 10° oblique wedge moving through quiescent air at 3 km altitude at
M = 3. The temperature range is 268 K (blue) to 750 K (red, at the wedge surface).
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4.2 Results
4.2.1 Drag Model Comparison

We begin with a comparison of a variety of droplet drag models with a droplet that does not undergo
breakup. We selected four different drag models, three of which account for the effect of droplet deformation
along with a rigid sphere model. In Figure 26, droplets 100um in diameter are introduced upstream at a
height of 0.1m. The necessity of including deformation effects is clearly apparent as the droplet using
rigid sphere drag, denoted by the blue line, strikes and rebounds off the surface with little deviation from
its initial trajectory. In contrast, all three models that account for deformation show the droplet trajectory
turning significantly to match the flow in post shock region which runs parallel to the surface. Each of
these models predicts a slightly different amount of deflection but in this case, all three predict that the
droplet will not strike the wedge surface within our 1m test length. We note that we have not considered any
impact damage models in this formulation, and any post-impact trajectories presented in this work are not
physically meaningful.
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Fig. 26—Comparison of 100um droplet trajectories in an oblique shock for varying drag models, no
breakup: rigid sphere (blue), TAB (orange), NTAB (green), and Wiegand (red). The dashed line denotes
the solid surface and the dotted line denotes the oblique shock.

In Figure 27, we plot the velocity magnitude of each droplet as it passes through the test region with the
effect of each model becoming even more apparent. With the rigid sphere drag model, the droplet velocity
changes relatively slowly before suddenly dropping just before = 0.8ms. At this point, the droplet encoun-
ters the boundary layer and experiences a significant increase in drag forces as the relative velocity spikes.
Conversely, the deformation-based models predict a sudden drop in particle velocity after encountering the
shock. This is due to the large relative velocity and thus Weber number driving the particle to flatten into
an oblate shape with a higher frontal surface area and drag coefficient, Cp. As such the droplets experience
relatively high drag forces and their trajectories more quickly adjust to match the post shock flow. The end
result is that they turn soon enough to avoid impacting the wedge surface. As the relative velocity decreases,
the droplets return to a more spherical shape with a lower drag coefficient similar to that used in the rigid
sphere drag model.

The increased drag, even if only significant shortly after the shock, is sufficient to prevent the impact
predicted for the rigid sphere as evidenced in Figure 28. Here we plot the trajectory of droplets with a range
of starting heights from y = 0 to 0.15m for each of the drag models. Using the rigid sphere drag model,
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Fig. 27—Comparison of 100um droplet velocities in an oblique shock for varying drag models, no
breakup: rigid sphere (blue), TAB (orange), NTAB (green), and Wiegand (red).

all of the droplets strike the surface and, due to the weak deflection by the flow field, they do so at with a
relatively small angle of incidence. The deformation based models lead to most of the droplets in the upper
half of the range missing the surface entirely. The droplets that do impact the surface do so with a larger
angle of incidence than the rigid drag droplets. This will directly affect the amount of surface erosion caused
by a droplet, which will be proportional to the impact velocity normal to the surface.

4.2.2 Breakup Model Comparison

We next compare the effect of the choice of breakup model on the droplet behavior. For this series of
simulations, we use a common drag model: the correlation-based Wiegand model. Droplet trajectories and
diameters are shown in Figure 29 and Figure 30, respectively. All cases show the behavior of a 1mm droplet
introduced into the domain at a height of y = 0.1m. This larger initial droplet diameter is characteristic of
a rain droplet and, importantly, it allows more significant breakup events to occur and thus better illustrates
the differences between the various models.

The TAB and NTAB models produce similar results, varying only in breakup timing and the size of
the child droplets produced. By design, both models predict complete breakup of the parent droplet which
can be noted by the small gap in the trajectory plots and the discrete cutoff of the parent droplet line in the
diameter plots. On breakup the mass of the parent droplet is equally divided among two or more parcels
of child droplets that are placed at a randomized position near the breakup point. The TAB model predicts
later breakup and larger child droplet sizes but are overall very similar and prove difficult to compare in the
absence of experimental data.

The KH model produces qualitatively different breakup behavior. In this model, the parent droplet does
not completely breakup but instead continuously sheds child droplets as they are stripped from the surface
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while the droplet Weber number remains above some critical value. This tends to result in the production
of a large number of relatively small child droplets and a more continuous loss of mass by the initial parent
droplet.

The RT model, on the other hand, predicts sudden, complete breakup of the parent droplet similar to the
behavior of the TAB and NTAB models. However, this breakup process is instead driven by the magnitude
of acceleration tangent to the droplet’s trajectory. Breakup under the TAB and NTAB models depends only
on the relative velocity of the droplet. For this oblique shock interaction, the acceleration peaks as the
droplet first encounters the shock and RT breakup is predicted to occur shortly thereafter. Compared to the
TAB and NTAB models, RT breakup takes place much sooner and we believe that for our purposes it is akin
to a catastrophic breakup mechanism.

Finally, the KHRT model uses the KH model in conjunction with the RT model in an attempt to capture
both the shear stripping and catastrophic phenomena expected in high We regimes. From the diameter plot
we see that after encountering the shock the initial parent droplet undergoes a few rounds of KH breakup
before suffering complete RT breakup. Then the child droplets undergo more KH breakup until they drop
below the critical We threshold. This end result captures both expected types of phenomena that we expect
to see in a controllable fashion making this a strong candidate model for continued investigations.

423 KHRT

Here, we provide further investigation of the KHRT breakup model by considering its behavior with
respect to varying drag models and a selection of model parameters.

Most notably, we see a pronounced effect on the RT breakup time using the various drag models, which
predict markedly different post-shock acceleration of the droplet. From top to bottom in Figure 31 and
Figure 32, the peak acceleration predicted after the shock increases leading to shorter RT breakup times
and smaller RT child droplets. Since KH breakup is allowed to occur during the RT breakup process, more
KH child parcels are produced in the cases with slower RT breakup. This leads to wide array of possible
droplet size distributions and trajectories just by changing the drag model. So here it is apparent that the
drag model is not only important in determining the droplet trajectory but also significantly influences the
breakup behavior.

Finally, we demonstrate the combined effect of droplet deformation and breakup of an array of smaller
100 pum droplets in Figure 33. With the KHRT breakup model active, none of the droplets strike the wedge’s
surface. The child droplets produced by breakup are able to more quickly turn to match the flow conditions
due to their smaller size and lower Stokes number.
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Fig. 28—Comparison of 100um droplet trajectories for a selection of starting heights ranging from y =0

to 0.15m in an oblique shock for varying drag models, no breakup. The dashed line denotes the solid
surface and the dotted line denotes the oblique shock.
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Fig. 29—Comparison of 1mm droplet trajectories for various breakup models in an oblique shock with
the Wiegand drag model. The dashed line denotes the solid surface and the dotted line denotes the oblique
shock.
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Fig. 30—Comparison of 1mm droplet diameters for various breakup models in an oblique shock with the
Wiegand drag model.
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Fig. 31—Comparison of 1Imm droplet trajectories for KHRT breakup with various drag models in an
oblique shock. The dashed line denotes the solid surface and the dotted line denotes the oblique shock.
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Fig. 32—Comparison of 1mm droplet diameters for KHRT breakup with various drag models in an

oblique shock.
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Fig. 33—KHRT 100um droplet trajectories for a selection of starting heights in an oblique shock with the
Wiegand drag model. The dashed line denotes the solid surface and the dotted line denotes the oblique
shock.
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4.3 Implications

The erosion potential of liquid droplets can vary markedly depending on which underlying drag and
breakup models are used, from predicting 100% impact (Figure 28) to 0% impact (Figure 33). The funda-
mental question that remains is which of these models are most appropriate for this particular flow regime.
Experimental data and direct numerical simulations of droplet behavior in this regime are sparse throughout
the scientific literature. Thus, a clear need exists to develop a comprehensive catalog of droplet acceleration
and demise data in vehicle-relevant flow fields. The remainder of this report (Chapters 5-8) summarizes
NRL’s contributions to such an effort.
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5. DROPLET INTERACTION WITH A BLAST WAVE

As a first attempt to characterize the interaction of a droplet with a curved shock wave, a short set of
experiments were conducted using a linear model detonation engine (LMDE) at the University of Maryland’s
Propulsion Research Laboratory. The purpose of these tests was to gather high-quality images of the initial
stages of droplet breakup that could be used to validate CFD model predictions of droplet deformation.
This chapter describes the experimental approach used for the experiments and summarizes the key results
obtained.

5.1 Facility Description

The LMDE test facility is a laboratory scale Rotating Detonation Engine (RDE) unwrapped into a linear
channel that allows optical access for the study of the structure and propagation of detonation waves. The
LMDE consists of a Pulse Detonation Engine (PDE) which generates a hydrogen/oxygen detonation that
propagates into a narrow channel with side windows (test section). The channel has a row o<ns1:XMLFault xmlns:ns1="http://cxf.apache.org/bindings/xformat"><ns1:faultstring xmlns:ns1="http://cxf.apache.org/bindings/xformat">java.lang.OutOfMemoryError: Java heap space</ns1:faultstring></ns1:XMLFault>