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SECTION 1

INTRODUCTION

The Air Force Weapons Laboratory (AFWL) has been tasked to perform hydro-
dynamic calculations which predict peak airbiast overpressure loading on struc-

tures. The HULL (a 2—D Eulerian hydrodynamics) code uses a rectangular mesh to
perform calculations (ref 1). Nonrectangular structures are approximated in the
mesh by rectangular islands. An island is a zone for which all four boundaries

are reflective. Thus, a ramp is modeled as a stairway (figure 1). It was not
ininediately clear whether this approximation was a valid ‘,ne. In particular ,
would the peak-pressure and asymptotic (steady—state) values be correct?

—

j NORIA L Z ONt

— — ______________ 

ISUNO Z ONE

Figure 1. 45° Ramp Model

To test this hypothesis , the AFWL ran calculations which duplicated experi-

ments conducted by the Ballistics Research Laboratory (BRL) of Aberdeen ,

Maryland (ref 2). In one experiment, a square wave of air traveling to the

right at 90 psi was incident on air at an ambient level of 3.3 psi. The shock

I. Fry, M.A., et al., The HULL Hydrodynamics Computer Code, AFWL-TR-76-183,
Air Force Weapons Laboratory, September, 1976.

2. Bertrand , B.P., Measurement of Pressure In Mach Reflection of Strong Shock
Waves in a Shock Tube, BRL-MR-2l96 , Ballistics Research Laboratory,
June 1972.
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GAGE LOCATIONS

Figure 2. Station Locations for BRL Experiment
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imp inged on a ramp at an angle of 40 with the hori zontal . There were station
locations along the ramp and in the free air. Figure 2 is an illustration of
the experimental setup.

For the HULL calculation , Rankine-Hugoniot relations specified the input

conditions (see table 1). The zone sizes were dx = 0.3 cm, dy = 0.25173 cm;
thus dy/dx = tan (40 ). (The question of square—vs .-nonsquare zones is settled

In the next section.) A real air equation of state was used , and there was no
artificial viscosity included explicitly in the code. Figure 3 shows the
station locations .

Table 1

INPUT MESH VALUES FOR THE CALCULATION

Ambient Incident

Pressure (dynes/cm2) 2.275E5(3.3psi) 6.599E6(95.7psi)

Density (gm/cm3) 2.783E-4 l.391E—3

Internal Energy (ergs/gin) 2.044E9 l.l86ElO

Horizontal Velocity (cm/sec) 0. l.353E5

7
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SECTION I I

NUMERICAL AND EXPERIMENTA L COMPARISONS

Figure 4 shows a pressure-time history of stations 2, 3, 5 and 6 for the
experiment. Notice that the peak-pressure is increasing as the shock travels
up the ramp , i.e., station 2 ha~ a peak-pressure of 478 psi and station 3 has a
peak of 492 psi. The asymptotic pressure l evel at station 2 is approximately
310 psi; at station 3, 330 psi. Al though the peak at station 6 (415 psi) is
much smaller than at station 3, the steady-state value is about the same.

Figure 5 shows pressure—time histories for calculational stations 12 , 16 ,
and 22 which correspond most closely wi th experimental stations 5, 2 and 3,
respectively, from figure 4. The fir-.: plateau at station 12 is the incident
shock pressure l evel . For the BRL probler. (station 5) it was 91 psi ; for HULL
(station 12), 6 x io6 dynes/cm2 = 87 psi. Stations 2 and 3 in the BRL experi-
ment have Initial plateaus before reaching their peaks. This does not show up
in the histories for stations 16 and 22 in the HULL calculations because of the
smoothing of the shocks due to implicit internal viscosity . Figure 5d is a
pressure contour along the ramp at 130 ~s. For a 40° ramp , a pressure ratio of
29:1 is in the region of Mach reflection . Al though the contour for this time
shows regular reflection , the first contour above the ramp indicates the be-
ginning of a merging of the incident shock and the reflected shock. If the
ramp were longer , the shock would form a Mach stem.

9
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Table 2

COMPARISON BETWEE N HULL CALCULATIONS AND BRL EXPERIMENT

Station Pressure (psi)

BRL HULL BRL HULL

5 12 91 87
2 16 (peak) 478 480
2 16 (steady—state) 310 310
3 22 (peak) 492 510
3 22 (steady-state) 350 310

Note the excellent agreement for stations 2 and 16. The agreement for stations

3 and 22 is reasonab le.

15
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SECTION III

SQUARE VS. NONSQUARE ZONES

When running hydrodynamic calculations , square zones are more efficient than

nonsquare zones because the signal may cover a greater relative area per zone

per time step. As was mentioned in the introduction , however , the HULL code
models a ramp using rectangular Isl ands. For a 10° ramp i~sing rectangular

islands. For a 100 ramp, the island locations for a grid with square zones

would look something like figure 6,

~~ 
;.
~ ~~ 

~~~~~~~ ~~~~~ — — i I f i l l  U t  l*W

— .... - . ~~~~. -.. 
— ~~~~. .— 

Figure 6. 10° Ramp Approximation - Square Zones

WH1e for the island locations for a nonsquare zone grid where the ratio

dy/dx = tan 10°, the island locations would look like figure 7.

— 5-- -~i flj1’~~it ,t ,i,ii , ~ I-I

11 II - I- I II$I1iI l I l t l tTl1 -4 fJ1T l i l I I I I l l t I J J l I  III JJJI ( SIJ

—

FIgure 7. 10° Ramp Approximation - Nonsquare Zones

To test the impact of each zoning, two calculations were run . For each run,

a 50-psi square wave was incident on a 10° ramp in a sea-level ambient atmosphere.

The dx zone size was 0.3 cm and the equation of state was real air. An artifi-

16
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cial viscosity function was used in both runs (ref. 3). The first calculation
(19.8026) used a 0.3-cm dy zone size; the second (19.8029), a dy of 0.00529 cm.

Figure 8 gives a time history of the pressure at a station on the ramp
approximately 6 cm from the base for each problem . Note the overshoot In pres-
sure for the square zone problem. (The slightl y different asymptotic values
are due to the small difference in distances along the ramp). The overshoot is
approximately 86 percent and would be totally unacceptable for problems where
peak-loading Is an Important parameter. The reason for this overshoot can be
seen from fi gures 9 and 10 where the horizontal and vertical velocities vs.
time histories at the same station are shown . The square-zone problem does not
have enough vertical relief. The vertical velocity begins 9 us after the shock
hits , whereas i n the nonsquare zone prob lem, the time lag between the onset of

the vertical and horizontal velocities is less than 2 us. During this time the
pressure builds unti l the vertical velocities become large enough to allow the
mass flow out of the zone to equal the flow into the zone. Al so, further analy-
sis of these graphs indicates that the angle of the velocity vector in the
square-zone problem reaches a maximum of 700 from the horizontal and then
slowly moves to its asymptotic value of 450• For the nonsquare zone problem,
the velocity vector quickly reached its asymptotic value of 10° and remained
there. Obviously, 100 Is a more realistic value for the velocity angle, since
the flow should parallel the 100 surface.

Once the flow has reached steady-state conditions , figure 11 illustrates
another justification for using nonsquare zones for ramp calculations . It is a
picture of the velocity vectors at the bottom of the ramp for the square zone
problem at 190 uS. For this problem , the flow along the ramp encounters four
zones wi th no reflecting right boundary before a vertical reflecting boundary
is reached. So the flow attempts to become more horizontal to conform itself
to the structure it sees unti l it reaches the reflecting zone. Then conserva-
tion of mass and momentum require that the vel ocity vector at the corner zone
be somewhere in the neighborhood of 45° (= tan~~(dy/dx)). For the nonsquare
zone problem , all velocity vectors at the corner zones were within 10% of 10°.

3. Lunn , P.W., et al., Development of an Artificial Viscosity Function, to be
published .

17
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However, for the zones further from the boundary in the square-zone problem ,
the velocity vectors seemed to stabilize to a value close to the ramp angle of
10°. Figure 12, which is the overpressure history for a station away from the
ramp in the square-zone problem , shows that the pressure overshoot is also
lessened .
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Figure 12. AFWL - 4.4 Square Wave - Ramp 10°- Real Air - Square Zones

We conclude from these calculations that a dy/dx ratio which approximates
the ramp angle will model more closely the peak overpressure and other flow
parameters close to the ramp than calculations using square zones.

Figures 13 and 14 show pressure contours for each calculation at 190 us.
The similari ty of both of the curved bow shocks indicates that the inaccuracies
close to the ramp induced by the square zoning are averaged so that gross
motions remain nearly identical . Note In figure 13 the wel l developed Mach stem
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as the shock travels up the ramp. For the BRL experiment , the reflection
factor was 1.14 for the 10° ramp at 3.4 atmospheres overpressure. For the
nonsquare-zone problem the reflection factor was 1 .2.

Because square wave boundary conditions are used in these calculations, all
parameters except time are Independent of zone size. Thus reducing or in-
creasing zone size does not change the value of peak pressures or velocity
patterns. The geometric ratio alone determines the behavior of the flow vari-
ables for simple ramp structures.

Although a zone ratio (dy/dx) of tan~ e will yi eld the most accurate re-
sults close to the ramp , other problem constraints may require a different
zoning, e.g., a structure wi th more than one ramp at different angles . As was
seen In the square-zone problem , further from the ramp the differences in zone
size become less significant. Therefore, calculat ions wi th zone ratios which do
not conform exactly to the ramp angle will still yield valid results if values
right on the ramp are not considered . In addit ion , the peak overshoot for the
overpressure will vary directly wi th the deviation of the zone ratio from the

ramp angle. For small deviations the overshoot will be small.
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SECTION IV

CONCLUSIONS

The calculations indicate that the stairway approximation to a ramp for a
rectangular grid will yield valid overpressure data and exhibit Mach stem
phenomena for square—wave shocks. When model ing the ramp, zone dimensions
ought to conform to the ramp angle for angles less than 45° to allow the material
to flow in the direction of the ramp.
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